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ABBREVIATIONS

All references to Wittgenstein’s works appear in the text in parentheses using the English
abbreviations provided by A. Pichler, M.A.R. Biggs, and S.A. Uffelmann, in their
“Bibliographie ~ der  deutsch- und englischsprachigen = Wittgenstein-Ausgaben”
(https://www.alws.at/alws/wp-content/uploads/2018/04/Bibliographie-2019-11-26.pdf; last
accessed 15.05.2021). These are followed by a page and/or section number, as well as a
manuscript source and date where relevant. To this, I note the following alteration (T =

Tractatus Logico-Philosophicus) and the addition of Philosophical Occasions:

T Tractatus Logico Philosophicus, trans. D.F Pears & B.F. McGuinness
(London and New York: Routledge, 1974).

PO Philosophical Occasions, 1912-1951, eds. J. Klagge & A. Nordmann
(Indianapolis and Cambridge: Hackett, 1993).






INTRODUCTION

“The movement of thought [Denkbewegung] in my
philosophizing should be discernible [miifite wiederfinden
lassen] in the history of my mind, of its moral concepts & in

the understanding of my situation.”

—Denkbewegungen [MS 183, p. 125; 1931]

Wittgenstein often remarked that philosophy is a search for das erlésende Wort: the ‘saving’
or ‘redeeming’ word. Despite his clear statement to the contrary in the preface to the
Tractatus—where he claimed, of course, to have found the final solution to the problems of
philosophy, once and for all—this would not long remain for him a search for the redeeming
word (in the singular) but rather for redeeming words (in the plural). For, when we look at
his philosophical development as a whole, we witness the relentless pursuit of an apparently
never-ending task. Thus, in his work, terms of art are coined and diverse problems are
dissolved through the various shifts in perspective they are intended to engender, only to be
later dropped as quickly as they had once been adopted. Among such typically
Wittgensteinian terms of art, even the casual reader will readily recognize those such as
‘sense’ and ‘nonsense’ or ‘saying’ and ‘showing’ from his earlier thought, as well as
‘grammar’, ‘language-games’ and ‘forms of life’ from the latter. There are, of course, many

others—including the rather poetic ‘das erlosende Wort’ itself.

Throughout Wittgenstein’s work he sought to use contemporary language to craft a novel
response to what were in many cases ancient confusions. In this work too, I have tried to
identify certain ‘redeeming words’, tools in my own philosophical toolbox so to speak, with

which I might resolve some of the confusions that swirl around my own reception of



Wittgenstein’s thought. That problem was for me especially the following, nagging
question: Why did Wittgenstein write Philosophical Investigations anyway? Put differently:
What was he trying to achieve with it? Certainly, he was responding to some
misconceptions that he had earlier expressed in the Tractatus. That much is clear. But this
fails to fully address the deeper issue, namely: Why bother? The question is important
because, unlike the Tractatus, the Investigations never presupposes the truth of the ideas
that are expressed there. So, while Wittgenstein’s early thought will always be of interest as
a poignant account of how things simply are with the world, philosophically speaking, his
later work lacks that traditional raison d’étre. And yet, neither is it a work of fiction or

fancy.

In my pursuit of this question, I came to realise—indeed, as others have before—that the
work’s purpose is heuristic. It is meant to help us achieve that kind of shift in perspective
that Wittgenstein himself underwent when he realised the faults that were inherent to his
earlier mode of thinking. As he himself states in the Investigations, these regard principally
the various ‘pictures’ that often hold our thoughts captive and forbid them from moving on
in other more profitable directions—such as, for example, that inherently Tractarian vision
which suggests that the final solution to the problems of philosophy is within our reach at
all, and, consequently, that no further progress in that regard would subsequently be
warranted. And then, like the great many terms of art we find within its pages, the
Investigations itself seems somehow intended to be abandoned once its task has been

fulfilled.

Here, of course, we are confronted with the ghost of another familiar Tractarian vision: that
of the ladder, which is meant to be cast aside once it has been ascended. However, unlike
the Tractatus, the Investigations was not finished, and, I would venture to claim, in fidelity

to the open-ended conception of philosophy advanced there, that it could not have been.'

1 N. Venturinha outlines a compelling case for this as well, with an insightful comparison of Wittgenstein’s
Investigations and Pascal’s Pensées. Venturinha’s comparison raises noteworthy parallels regarding the
respective contexts of production of the two works; the matter hinges, interestingly, on whether Pascal
would have arranged the book to make it more coherent had he lived longer or whether he, like



What would the final word of such a work look like? I, for one, find it difficult to imagine.
Nonetheless, though it is clear that Wittgenstein never succeeded in fully realizing the ideal
of Tractarian transcendence that he once upheld as the highest achievement philosophy
could expect of itself, the sought-after solution that had motivated his work at that time
never ceased to motivate his later work either. The true philosophical discovery,
Wittgenstein notes in the Investigations, is the one that “gives philosophy peace”, the one
which allows philosophy to stop tormenting itself (PI §133). But then again, we might once
more ask: Why not simply let the philosopher labour away under the sway of the
‘philosophical superlative’, seeking unbendable rules of some superhuman strength about
the way things... must be? Perhaps such rules are indeed illusionary and our search for
them is destined only to bring dissatisfaction, but there were certainly other illusions and
dissatisfactions with which Wittgenstein could not have been bothered.? So what harm is
done by allowing oneself to fall prey to just this kind? In other words: What need do we,
philosophers in particular, have for redemption? The answer to such questions, I maintain,
is not found within the pages of the Investigations, nor any other single selection of
Wittgenstein’s remarks, published or otherwise. To answer it, we must look rather at his
work as a whole and at the relentless evolution that his thought underwent over the course

of his life.

As I deal with the questions framed above throughout this dissertation, I leave them
unanswered here in order to come back to what served for me as something like a few
erlosende Worter in my pursuit of a clearer understanding of the problem at hand. Those
words were for me time, change and history. They are not very sexy words, I admit. And
they clearly lack the kind of subtle poetic punch for which Wittgenstein is known, as indeed

are many of his commentators. But they allowed me nonetheless to access a distinct

Wittgenstein, rather intended his book to represent “a consciously unfinished work.” (N. Venturinha,
“Introduction: A Composite Work of Art”, in ed. N. Venturinha, The Textual Genesis of Wittgenstein's
Philosophical Investigations (New York: Routledge, 2013), pp. 1-18.)

2 As Wittgenstein notes humorously in what, by chance, is the last word of the Investigations: it is indeed

possible to speak of the “changing activity of butter when its price rises”, but “if no problems are
produced by this it is harmless.” (PI §693)
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element of Wittgenstein’s thought which seems to me underappreciated and which casts,
moreover, a particular light on what exactly he wished to achieve with his work. In the
broadest strokes, this dissertation is an investigation into Wittgenstein’s relation to historical
and indeed historicist thinking. It is a topic which H.-J. Glock notes (in one of the few
articles to treat the subject directly) is “not either obvious or popular.”® At turns, this
investigation is undertaken in relation to the thoughts of others (Spengler or Paul Ernst, for
example) and in relation to Wittgenstein’s own thoughts (particularly his later response to
the earlier, resolute a-historicism of the Tractatus). What I observed here was that, if we are
permitted to compartmentalize his work and divide it up into more or less discrete
periods—say, that of the Tractatus, that of the early 1930’s, that of the Investigations, and
that which we generally consider to be his post-Investigations work—there is almost
invariably put forward there, alongside what we generally consider to be the main themes
developed at each of these stages, a view of time and temporality that threatens the

coherence of those very dominant themes themselves. This, I argue, is no mere coincidence.

Looking at Wittgenstein’s development as a whole, we see that he was extremely sensitive
to the fact that language—though it may be considered a-historical from a particular point of
view—has in itself an ineliminable dynamism, which he variously considered at times in
terms of its ‘temporal’ and/or ‘historical’ dimension. While stopping short of the claim that
Wittgenstein’s work evolved solely in response to these considerations, the threat this
historicism poses to whatever conception he was advancing at a given time finds a
consistent refrain throughout his work—and this is the case despite the dramatic revolutions
his thought underwent. Not that Wittgenstein always saw historicism as a threat, however.
Far from it. Indeed, there were times during the course of this research when I would have
happily proclaimed Wittgenstein was indeed a historicist himself. There are clearly
moments when he flirts with historicist ideas rather heavily, and the legitimacy he grants
them is in itself telling for such a philosopher as he was. Wittgenstein ultimately

recognized, however, that the flip-side of that historicism is its natural, dialectical sublation:

3 H.-J. Glock, “Wittgenstein and History”, p. 278, in eds. A. Pichler and S. Saiteld, Wittgenstein: The
Philosopher and his Works. Frankfurt a.M.: Ontos Verlag, 2006), pp. 277-303.
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if people of different places and different times think differently than we do, it is only by
virtue of our deeply shared humanity that we are able to identify these differences as
differences—and not, for example, some incomprehensible form of delusion or madness.
This is not to say that aberrations do not and have not existed. Nonetheless, I believe today
that it is this deep sense of shared humanity that Wittgenstein aimed at articulating
throughout his philosophy, regardless of the matter at hand, while at the same time
recognizing the forces that threaten its dissolution—and encouraging us, as philosophers, to
acknowledge that philosophy itself is no guarantee against our active participation in any

future abdication of that shared humanity.

Expressions of this aspect of Wittgenstein’s philosophy are, of course, found particularly in
the Nachlaf3 material of the early 1930°s—and for good reasons too, although under the
sway of popular thinkers of the day (such as Weininger, in particular) they were not always
well-expressed at the time. Nonetheless, what they clearly bear witness to is the dawning of
a philosophically relevant, historically conditioned form of cultural criticism within
Wittgenstein’s philosophy, as well as a process of acute reflection concerning the timeliness
of the undertaking itself. Despite the fact that the philosophical vocabulary Wittgenstein
employed at that time would (like all the others he variously employed) eventually be
abandoned, the issues raised there would not. Historically self-reflective, cultural
considerations were never a passing interest for Wittgenstein and, indeed, they provide a
steady refrain throughout his private remarks—and even find a privileged (if muted) place
in the last writings collected just shortly before his death. With such Nachlafs comments in
mind, moreover, we see that these considerations motivated key strategies in his published
and publication-ready works as well, which to this day maintain a privileged place in our
evaluations of Wittgenstein’s philosophical legacy despite the increasing interest that the

Nachlafs has rightly earned.

Certainly, the extensive access we have to the Nachlaff material today has been a boon to
Wittgenstein scholarship. As the older, incomplete picture of his philosophical development

has been swept aside, there have arisen new and sometimes radical conceptions of his
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philosophical achievement and its lasting significance. Nonetheless, with so much material
so readily at hand, there is clearly a risk of ‘cherry-picking’ quotes (as it were) that attribute
to Wittgenstein (possibly) mistaken or (far more likely) simply irrelevant views. Thus,
before concluding, I sketch briefly here the methodological touchstones that guided this
research into what, by most accounts, remains rather uncharted territory within Wittgenstein

scholarship, along with a brief chapter summary. *

In the first instance, I have sought at each turn to put Wittgenstein’s thoughts about time,
change, and history, in relation to what are generally considered to be the dominant trends in
his work at a given point in time. This is because I believe we, as scholars, have the most to
gain from an appreciation of how the views he develops there, alongside those dominant
trends, afford a deeper understanding of the dominant trends themselves and how his
thought frequently evolved in response to them. As a work of scholarship, the focus thus
remains by and large on what Wittgenstein himself thought of these ideas rather than what
we might wish to make of them as contemporary philosophers today. Secondly, I have
sought to contextualize the ideas explored here in relation to some of the major biographical
moments in Wittgenstein’s life. This is for two reasons. On the one hand, I maintain that
the connection between Wittgenstein’s life and his philosophy is stronger than in most other
philosophers (even the greatest among them) and that we cannot get a clear understanding
of the latter without an appreciation of the former. On the other hand, it is the general lack
of such an appreciation—characteristic of the Anglo-Austrian analytic tradition, within
which he initially had the greatest impact—that resulted in the early neglect of the views
that I explore here. And this is natural, too. For it is only with our contemporary access to
the Nachlafs that we are able to appreciate just how outside of that tradition Wittgenstein
himself felt he was. Of course, his work can no way be considered as independent of it.
Nonetheless, as our familiarity with his Nachlaf3 continues to grow, we gain a greater insight

into just how distinct many of the issues that motivated his work were from those that

4 Readers are, in addition, invited to consult the ‘Concluding Remarks’ section of each chapter, for a more
detailed summary of each chapters’ content as well as indication of the its general position in the overall
argumentation of this dissertation.
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motivated the wider academic milieu within which he was situated. Historical thinking, to
take just one example, was clearly a key element in Wittgenstein’s work and his own
understanding of that work’s significance—and so, if it is true, as noted above, that his
thoughts in this regard are a topic neither obvious nor popular in Wittgenstein scholarship, |
maintain that this is due to our own tendency to neglect such issues rather than

Wittgenstein’s.

With this in mind, I have divided the dissertation into two parts. Part I traces the evolution
of Wittgenstein’s thoughts on time and temporality from the Tractatus, through the
Investigations, and into certain key final remarks from those written shortly before his death
(as collected in On Certainty). In doing so, I suggest that his later thought in this particular
regard—indeed, like so many others within his philosophy—may be viewed as a response
to, and subsequent modification of, that conception first outlined in his early thought. For
indeed there is a very clear sense in which Wittgenstein had, in the Tractatus, proclaimed
the end of history. Of course, by that Tractarian light, time itself would move on. But that
which happened within it would be ‘eternal’ in its uniform, empirical character. People
would continue to be born, to live and to die, of course, but what we might think of as the
‘march of ideas’ or the ‘movement of thought’ would be no more. For the young
Wittgenstein of the Tractatus, there would be only two things left for philosophers of the
future to do: either see the world aright or vainly speak where they should rather be silent.
Thus, between Wittgenstein’s early work and his return to philosophy a decade later, there
was not merely a correction of certain mistaken beliefs expressed in that earlier work, but
rather a seismic shift in his thought about what it means to be mistaken in philosophy at all.
And with that came an acute sense that history does move on and that it cares little for our
various claims to have found the ultimate solution to whatever it is that may trouble us

philosophically at a given moment in time.

That Wittgenstein’s return to philosophy coincided with the rise of fascism in Europe has a
significance that cannot be denied, though he rarely referred to it explicitly. History was

nonetheless marching on, and though the Tractatus had an immeasurable impact in certain
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philosophical quarters, it is clear that the work did not achieve the aim Wittgenstein himself
had intended for it. Whether or not it could, in principle, have done so is beside the point.
For the fact is that the times were changing—and Wittgenstein, in typical fashion, changed
with them. Thus, in Part II, I take a closer look at the motivations behind Wittgenstein’s
return to philosophy and in particular at the unique methodology he developed in order to

serve his new purposes.

Though Wittgenstein’s work in this regard is indeed singular in its application and in its
scope, it is not without precedent. Therefore, I look first at how Wittgenstein adapted
Goethe’s conception of morphology to his own, modified ends. I highlight there particularly
how the questions of temporality inherent to the methodology itself were for both initially
suppressed and only later came to occupy a key role in their respective applications of it.
This helps, on the one hand, to contextualize those remarks Wittgenstein made which appear
at times to suggest that history was unimportant for the kind of project he wished to
undertake. On the other hand, it highlights the extent to which those familiar and yet
apparently off-handed remarks about the historical dimensions of language in the
Investigations are actually the result of a long thoughtful engagement—rather than a casual
interjection in an otherwise basically ‘a-historical work’, for example. Following this, I
look at what has come to be termed the ‘conservative charge’, regarding Wittgenstein’s
political orientation and its expression in his philosophy. Through a review of some of the
major discussants in this debate, I show that wherever one sits on the matter of
Wittgenstein’s political convictions (right, left, somewhere in between, or somewhere else
besides) will ultimately depend upon how one understands (although has perhaps only
vaguely articulated) Wittgenstein’s thoughts about tradition, change and the nature of

historical continuity.

In the final chapter, I address the question that motivated this investigation at the outset:
Why did Wittgenstein write Philosophical Investigations? 1 proceed here, in effect, by

historicizing Wittgenstein’s work itself and argue that—as the work is inherently tied to the
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historical particularities of its production—it is no longer possible for us simply to repeat
Wittgenstein’s critical agenda in any kind of straightforward way. Given that, the question
becomes: What does it mean to philosophise in a Wittgensteinian spirit, now that the times
have moved on and the problems we are confronting are our own? This, I argue, is the
question he wished above all for us to pose. And thus, when Wittgenstein writes in the
preface to the work “I should not like my writing to spare others the trouble of thinking”
(PL, p. x), we should take him at his word here. Far from an expression of false modesty, it
is rather an indication of something essential about the work to follow and the purpose to

which it is designed.
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ABSTRACT

The Austrio-British philosopher Ludwig Wittgenstein is famous among the public
(philosophical and non-philosophical alike) for having written not only one, but two
magnum opera—the Tractatus Logico-Philosophicus (1921) and Philosophical
Investigations (1952)—with the second serving more or less as a complete repudiation of
the first. Today, however, scholars recognize that far from having two distinct phases of
thought, his later work actually represents a continuous process of development, reflection
upon and refinement of the ideas he first explored in the trenches of World War I, rather than
a straightforward repudiation. This dissertation is an investigation into an under-
acknowledged element in Wittgenstein’s thought, one which in many cases acted as an
impetus for that life-long process of novel philosophical reflection: History. What we
witness here above all is the development of a philosophically relevant, historically
conditioned form of cultural criticism throughout Wittgenstein’s philosophy of language, as
well as an acute reflection concerning the timeliness of the undertaking itself. This casts a
new light on the manner in which the Investigations serves as a response to the ideas first
put forth in the Tractatus and, moreover, the manner in which he himself conceived of its

philosophical significance.

As the topic history is (to quote a well-known scholar) ‘neither obvious nor popular’ within
Wittgenstein scholarship, the role that it played in Wittgenstein’s thought is explored here
from multiple angles, both chronologically and thematically. Part I traces the evolution of
Wittgenstein’s thoughts on time and temporality from the Tractatus, through the
Investigations, into some key post-Investigations remarks. These are Chapters One, Two
and Three respectively. Part II examines the motivations behind Wittgenstein’s post-
Tractarian return to philosophy and, in particular, the unique methodology he developed in
order to serve his renewed purpose. Chapter Four explores Wittgenstein’s adaptation of
Goethe’s conception of morphology, highlighting how the questions of temporality that are
in fact inherent to the methodology itself were for both initially suppressed and only later

came to occupy a key role in their respective uses of it. This helps, principally, to
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contextualize those remarks which may appear at times to suggest that history was
unimportant for Wittgenstein’s philosophical project. Chapter Five addresses what has
come to be called the ‘conservative charge’, regarding Wittgenstein’s political orientation.
Through a review of some of the major discussants in this debate, I show that wherever one
sits on the matter of Wittgenstein’s political convictions and its expression in his philosophy
will ultimately depend upon how one understands Wittgenstein’s thoughts about tradition,
change and the nature of historical continuity. Finally, Chapter Six seeks to answer the
basic question which, in a certain sense, motivated this research from the outset: What was
Wittgenstein trying to achieve with Philosophical Investigations? Through a historicization
of the work itself, I argue that it is no longer possible today to repeat Wittgenstein’s critical
agenda in any kind of straightforward way because of the manner in which the work is tied
to its own historical particularities. Given that, the question becomes: What does it mean to
philosophize in a Wittgensteinian spirit today, now that the times have moved on and the
problems that we confront are our own? This, I conclude, is the question he wished above
all for us, the philosophers of the future, to pose ourselves in order to break free of the
dogmatic pictures that hold our thoughts ‘captive’ and forbid them from moving forward in

other, more profitable directions.
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CHAPTER 1. THE MYTH OF A-TEMPORALITY. TIME AND PROGRESS IN
WITTGENSTEIN’S TRACTATUS

“What has history to do with me? Mine is the first and only

world!”

—Notebooks, 2.9.1916

I. Wittgenstein and the ‘Science of Logic’

Having begun his studies in philosophy shortly before, in 1912 the young Wittgenstein was

asked to write a review of P. Coffey’s The Science of Logic for the Cambridge Review.’

This review, which stands as the earliest written record of Wittgenstein’s philosophical

thought, is not widely cited outside of biographical contexts. And this is understandably so,

for not much of what makes Wittgenstein’s early thought truly distinctive is discernible

there.® Even if the tone is more vitriolic than is usual for such a review, the work is in most

respects exactly what one would expect from a gifted young philosopher beginning his

studies and being set on the path of philosophical scholarship by his mentor. For he was

already then, as R. Monk remarks, “the wearer of Russell’s mantel in logic.””

5 P. Coffey, The Science of Logic: An Inquiry into the Principles of Accurate Thought and Scientific

Method (London: Longmans, Green & Co., 1912).

Two small but notable exceptions to this include his critical remark that “Mr. Coffey, like many logicians,
draws great advantage from an unclear way of expressing himself; for if you cannot tell whether he
means to say ‘Yes’ or ‘No’, it is difficult to argue against him”, which recalls what would later become
proposition 4.023 of the Tractatus: “A proposition must determine reality one way or the other: yes or
no.” As well, we might include here what McGuinness calls his stylistic “preference for the
epigrammatic and dismissive.” (B. McGuinness, Wittgenstein: A Life (Young Ludwig 1889-1921)

(London: Duckworth, 1988), p. 169.)

R. Monk, The Duty of Genius (New York: Penguin, 1990), p. 74. In a letter to Ottoline, sent shortly
before the review of Coffey was written, Russell notes: “I believe a certain sort of mathematicians have
far more philosophical capacity than most people who take up philosophy. Hitherto the people attracted
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However, the review opens with a noteworthy remark that serves to illustrate just how radical a
departure Wittgenstein would soon make from this ‘typical path’ and the tradition of mathematical

logic into which he was being initiated by Russell:

“In no branch of learning can an author disregard the results of honest research with so much
impunity as he can in Philosophy and Logic. To this circumstance we owe the publication of such a
book as Mr. Coffey’s ‘Science of Logic’: and only as a typical example of the work of many
logicians to-day does this book deserve consideration. The author’s Logic is that of the scholastic
philosophers, and he makes all their mistakes—of course with the usual references to Aristotle.
(Aristotle, whose name is so much taken in vain by our Logicians, would turn in his grave if he
know that so many Logicians know no more about Logic to-day than he did 2,000 years ago). The
author has not taken the slightest notice of the great work of the modern mathematical logicians—
work which has brought about an advance in Logic comparable only to that which made Astronomy

out of Astrology, and Chemistry out of Alchemy.” (PO, p. 3-4)

What is so noteworthy about this passage is how Wittgenstein describes the work of modern
logicians as “honest research”, the advances of which are “comparable only to that which
made Astronomy out of Astrology, and Chemistry out of Alchemy.” There can be little
doubt that by modern mathematical logicians, Wittgenstein has Frege and Russell in mind
here: the first “grave mistake” of Coffey’s work is the belief that all propositions are of the
subject-predicate form, this being the heart of Frege’s rejection (and subsequent revision) of
Aristotelian logic, first set out in his own Begriffsschrift and later developed by Russell in
his Theory of Definite Descriptions. Despite Wittgenstein’s sharp dismissal of the
Aristotelian logic inherent to Coffey’s scholasticism, from this we can see that Wittgenstein
would have agreed with the object of his criticism in this review on at least one point—

namely, that logic is indeed a science. In this sense, Russell and Frege would have been to

to philosophy have been mostly those who loved the big generalizations, which were all wrong, so that
few people with exact minds have taken up the subject. It has long been one of my dreams to found a
great school of mathematically-minded philosophers, but I don’t know whether I shall ever get it
accomplished. I had hopes of Norton, but he has not the physique, Broad is all right, but has no
fundamental originality. Wittgenstein of course is exactly my dream.” (Quoted in R. Monk, The Duty of
Genius, op cit., p. 75.)
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the ‘science of logic’ what Galileo was to astronomy or what Lavoisier was to chemistry.
Revolutionaries all, in both the methods and the raw materials of their respective métiers.

Wittgenstein would soon come to see, however, that this is decidedly not the case.®

In the preface to the Tractatus, Wittgenstein famously declared to have solved all the
problems of philosophy. This might seem surprising for a slim volume of less than one
hundred pages, but what if one could show that all the various problems of philosophy were
but diverse expressions of a single error? As Wittgenstein writes in the preface to the
Tractatus: “The book deals with the problems of philosophy, and shows, I believe, that the
reason why these problems are posed is that the logic of our language is misunderstood.” (T,
p- 3) Within the main body of the text, Wittgenstein repeats this sentiment: “Most of the
propositions and questions of philosophers arise from our failure to understand the logic of

our language.” (T 4.003)

The problem is by now well-known: failing to abide by the requirements imposed upon us
by the logic of our language, we construct illegitimate propositions in our metaphysically-
inclined speculations (“whether the good is more or less identical than the beautiful” is the
example Wittgenstein proposes at 4.003, in a conscious parody of Platonic reasoning). We
thus mistakenly believe ourselves to have fathomed the depths of metaphysical truth, when
in fact we have simply said nothing at all. Such speculative answers to questions about the

good, the true and the beautiful are not therefore false, Wittgenstein claims, but simply

8 It is interesting to note in passing that Wittgenstein would later describe his own shift in thought—i.e.
from that found in the Tractatus to that found in his post-1930 writings and lectures—in precisely these
terms. In his account of Wittgenstein’s early-1930s lectures, Moore notes for example: “I was a good
deal surprised by some of the things he said about the difference between ‘philosophy’ in the sense in
which what he was doing might be called ‘philosophy’ (he called this ‘modern philosophy’), and what
has traditionally been called ‘philosophy’. He said that what he was doing was a ‘new subject’, and not
merely a stage in a ‘continuous development’; that there was now, in philosophy, a ‘kink’ in the
‘development of human thought’, comparable to that which occurred when Galileo and his
contemporaries invented dynamics; that a ‘new method’ had been discovered, as had happened when
‘chemistry was developed out of alchemy’; and that it was now possible for the first time that there
should be ‘skilful’ philosophers, though of course there had in the past been ‘great philosophers’.” (PO,

p. 113)
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nonsense. As he summarily notes in the Tractatus, regarding the familiar problem of

philosophical scepticism:

“Scepticism is not irrefutable, but obviously nonsensical, when it tries to raise doubts where no
question can be asked.
For doubt exists only where a question exists, a question exists only where an answer exists, and an

answer exists only where something can be said.” (T 6.51)

The apparent intractability of ancient and long-standing philosophical problems is not,
therefore, due to their enormous difficulty or their unfathomable ‘depth’. However, if these
problems are not deep, neither are they shallow. On Wittgenstein’s account, if scepticism is
not irrefutable, for example, neither is it simply and straightforwardly refutable. “The
riddle does not exist,” he writes. “If a question can be framed at all, it is also possible to
answer it.” (T 6.5) Like all of the perennial ‘philosophical riddles’, to attempt a refutation
of scepticism would already be to give it too much linguistic currency. For on
Wittgenstein’s account, there is nothing there to refute: “It is not surprising,” he notes, “that

the deepest problems are in fact not problems at all.” (T 4.003)

While Wittgenstein would later come to consider the kind of speculative metaphysics so
often found in philosophy as an outright ‘bewitchment’ by language, at the time he was
composing the Tractatus the source of this misunderstanding was for him but a simple
confusion arising from attending solely to the superficial surface of linguistic form. Thus,

he writes there:

“In everyday language it happens that the same word has different symbols—or that two words that
have different modes of signification are employed in propositions in what is superficially the same

way.
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Thus the word ‘is’ figures as the copula, as a sign for identity, and as an expression for existence”’;
‘exist’ figures as an intransitive verb like ‘go’, and ‘identical’ as an adjective; we speak of
something, but also of something s happening.

(In the proposition, ‘Green is green’—where the first word is the proper name of a person and the
last an adjective—these words do not merely have different meanings: they are different symbols.)

In this way the most fundamental confusions are easily produced (and the whole of philosophy is full

of them).” (T 3.323-3.324)

These confusions arise, he says, because our “language disguises thought” and so it is not
possible to “gather immediately from it what the logic of language is.” (T 4.002) Were this
not the case, we would not mistake nonsensical talk—as Wittgenstein believed was so
frequently to be found particularly in philosophy—for genuine sense. “Most of the
propositions and questions to be found in philosophical works are not false,” he notes, “but
nonsensical. Consequently we cannot give an answer to questions of this kind”—whether,
for example, the good is more or less identical than the beautiful—“but can only point out

that they are nonsensical.” (T 4.003)

The use of language as a medium of philosophical insight is of course a quite traditional
one, familiar from the works of Plato to Nietzsche. Taken at face value, such traditional
attempts to mine language for a proper understanding of the world are not misguided in
spirit. However, having failed to grasp how language functions principally as a means to
represent things in the world, about which we may genuinely speak and think—such as true
sentences, good deeds, and beautiful things, rather than, say, the true, the good, or the
beautiful in and of themselves—philosophers are invariable led by the misuse of language
down the path of metaphysical speculation. Wallowing in ill-formed expressions, which
ultimately succeed in referring to nothing at all, the philosopher thus fails on Wittgenstein’s

account to fulfil the necessary requirements for achieving genuine expressions of thought in

9 The third of Coffey’s errors, noted in Wittgenstein’s review: “He confounds the copula ‘is’ with the word
‘is’ expressing identity. (The word ‘is’ has different meanings in the propositions— Twice two is four’
and ‘Socrates is mortal’.)” (PO, p. 3)
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language. Like actors repeating lines on a stage, these obscure metaphysical utterances
amount to nothing but a tale—full of sound and fury to be sure, but ultimately signifying

nothing.
In the preface to the Tractatus, Wittgenstein summaries the work in these terms:

“What can be said at all can be said clearly and what we cannot talk about we must pass over in
silence. Thus, the aim of the book is to draw a limit to thought, or rather not to thought, but to the
expression of thoughts: for in order to be able to draw a limit to thought, we should have to find both

sides of the limit thinkable (i.e. we should have to be able to think what cannot be thought.)” (T, p. 3)

To seek clarity of thought within thought alone is problematic, Wittgenstein suggests here,
because we require a standard by which to distinguish what is clear from what is obscure.
This standard cannot be found in thought alone (as Descartes had suggested in the
Discourse on Method, for example, under the guise of clear and distinct ideas given by the
lumen naturale of reason'’), for recognizing genuine thought by thinking alone would mean
being familiar with some form of ‘non-thought’ from which it might be distinguished. And
this would require one to realise the paradoxical task of thinking what cannot be thought. "'
However, where no ‘non-thought’ may be identified non-language, in other words nonsense,
may. Wittgenstein thus wished to turn our attention away from the introspective
examination of thought, back to sensical language about things in the world—a new prima
philosophia—so that we might have a way to identify what is and what is not genuine in the

expression of thought, and so expunge from philosophy the nonsense to which it is prone.

10 For example, concerning Descartes’ conception of mathematics as the principle tool for physics and
natural philosophy, he writes: “I have noticed certain laws which God has so established in nature, and of
which he has implanted such notions in our minds, that after adequate reflection we cannot doubt that
they are exactly as observed in everything which exists or occurs in the world.” (R. Descartes, Discourse
on Method, p. 131. In R. Descartes, The Philosophical Writings of Descartes, Vol. I, ed. and trans. J.
Cottingham, R. Stoothoff and D. Murdoch (Cambridge: Cambridge University Press, 1985), pp. 111-
151.)

11 Regarding Descartes own susceptibility to this failing (from the Tractarian point of view), cf. J. Conant
“In Search for Logically Alien Thought”, Philosophical Topics, 20(1), 1991, pp. 115-180.
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We can already begin to see here the extent to which Wittgenstein’s work overlaps that of
his intellectual fore-bearers, particularly Frege and Russell, and the extent to which it differs
radically. Of course, a great deal of work has already been devoted to outlining the
similarities between the three, as well as to accounting for the enormous debts that
Wittgenstein’s Tractatus owes to the work of the other two; however, a few uncontroversial
examples may nonetheless serve to sharpen the point. In the case of Russell, for example,
referring particularly to his Theory of Descriptions, Wittgenstein notes that it was he “who
performed the service of showing that the apparent logical form of a proposition need not be
its real one.” (T 4.0031) It is in this sense that Wittgenstein held that the task of the
philosopher is to alleviate problems by remedying the misconceptions that are involved in
their formulation. Russell clearly had a similar view. To find an example of Frege’s
influence on Wittgenstein’s thought in the Tractatus, we need not look much further than
this, although we may need to adjust our focus a little wider. For although Wittgenstein
scarcely mentions Frege in a positive light in the work, outside his expression of gratitude in
the preface'?, many of the central conceptions within it can be traced back to Fregean roots.
A prime example is Wittgenstein’s use of Frege’s ‘Context Principle’, which states that one
must not ask for the meaning of a sign (or more precisely, the object to which it is supposed
to refer) except from within the context of a proposition. We might compare here
Wittgenstein’s claim, that “Only propositions have sense; only in the nexus of a proposition
does a name have meaning” (T 3.3), with Frege’s original formulation of the principle:

”13 Having restating the Context

“Only in a proposition have the words really a meaning.
Principle here, Wittgenstein goes on to apply it to his account of what an expression is, and

his characterization of an expression as a mark of common form and content (a dual

12 Perhaps the parenthesis at 4.431 provides an exception, although it is in typical fashion qualified: “Thus
Frege was quite right to use [truth-conditions] as a starting point when he explained the signs of his
conceptual notation. But the explanation of the concept of truth that Frege gives is mistaken: if ‘the true’
and ‘the false’ were really objects, and were the arguments in ~p etc., then Frege’s method of
determining the sense of ‘~p’ would leave it absolutely undetermined.”

13 G. Frege, The Foundations of Arithmetic, trans. J.L. Austin (Evanston, IL: Northwestern University
Press, 1980), §60. [Hereafter FA]
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direction of fit between meaningful language and thought) is then woven into the very fabric

of the structure and methodology of the Tractatus as a whole.

Suffice it to say that amongst all three thinkers there exists a common approach to
philosophy regarding its task (the logical clarification of language) and the manner in which
that task is to be realized (disambiguation through the use of an adequate logical notation).
However, a great gulf opens up between the philosophies of Wittgenstein and the other two
when we look at their respective accounts concerning what it is about language that allows
such a task to be realized at all. Like Russell and Frege, Wittgenstein believed that
philosophical obscurities could be resolved by clarifying the foundational structure of
language and by remedying the misunderstandings that arise from attending solely to the
superficial surface of linguistic form. Also like Frege and Russell, Wittgenstein too believed
that the correct understanding would require an adequate logical framework in order avoid
these confusions. However, for Frege and Russell, what allows this task to be realized is the
truth of those logical foundations, which—in virtue of their being true—might subsequently
be used to ground more complex logico-linguistic forms (such as those found in
mathematics, for example). From this point of view, as the young Wittgenstein so
decisively declared in 1912, substantial revolutions—comparable to those in astronomy or

chemistry, for example—would indeed be possible in logic, as they are in an other science.

In the Tractatus, however, Wittgenstein rejects this possibility: “Philosophy is not one of the
natural sciences,” he notes. “The word ‘philosophy’ must mean something whose place is
above or below the natural sciences, not beside them.” (T 4.112) He stresses that
philosophy, unlike science, is not a doctrine or a body of true propositions, such as that
which Frege and Russell wished to secure, but rather an activity. The logic of our language
must be properly applied but it must itself “go without saying.” (T 3.334) Logic, he writes
at the opening of the preparatory Notebooks, “must take care of itself.” (NB, p. 2) It is not,
therefore, the job of the philosopher to assert logical truths. The logic of our language must
be allowed to show itself in its proper use, and it is rather the job of the philosopher to abide

by its mandate. Thus, Wittgenstein writes, “all philosophy is a ‘critique of language’
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(Sprachkritik).” (T 4.0031) For it is only by speaking clearly that we may call out others’
nonsense, effectively drawing the limits of language from within sensical language itself—
i.e., without ourselves overstepping that limit in the very act of critique, without (that is to
say) attempting to think what cannot be thought. As he writes towards the end of the

Tractatus:

“The correct method in philosophy would really be the following: to say nothing except what can be
said, i.e. propositions of natural science—i.e. something that has nothing to do with
philosophy—and then, whenever someone else wanted to say something metaphysical, to
demonstrate to him that he had failed to give meaning to certain signs in his propositions. Although
it would not be satisfying to the other person—he would not have the feeling that we were teaching

him philosophy—t#his method would be the only strictly speaking correct one.” (T 6.53)

The aim of Wittgenstein’s critical project at this time is thus to clarify the “a priori order of
language”—a task he described early on as “the great problem round which everything |
write turns” (NB, p. 53)—and, having clarified that order, to bring language use (above all
philosophical language use) in line with it, so that we might be assured of genuinely

represent things in the world when speaking.

Realising this critique would not mean arriving—in a positive sense—at a certain collection
of substantial ‘philosophical truths’ upon which one might rely in complex, uncertain or
ambiguous cases. Rather, truth for Wittgenstein is a matter of what propositions say about
things and “there is no a priori order of things.” (T 5.634) Bringing language into line with
its a priori order means therefore—in a negative sense—expunging from it the nonsense that
clothes, and so disguises, genuine thought in language: “My difficulty,” Wittgenstein notes,
“is only an enormous difficulty of expression.” (NB, p. 40) In this sense, we would then be
left afterwards with nothing but that which could properly be said of things in the world and
so be rid of the pseudo-propositions that permeate our ordinary language (as Frege and

Russell also wished) as well as the superfluous attempt to ground this activity in a body of
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substantially true logical propositions (such as that upon which Frege and Russell

erroneously relied).

Now, at the heart of this critique lies what has come to be called the Picture Theory of
Language, according to which the sense of a given proposition is not determined by the
agreement or disagreement of the proposition with the part of the world it describes but
rather by the very possibility of such agreement or disagreement. As Wittgenstein states:
“The sense of a proposition is its agreement and disagreement with possibilities of existence
and non-existence of states of affairs.” (T 4.2) Wittgenstein was thus led to claim that
sensical propositions form a kind of linguistic picture of reality, like a tableau vivant (T
4.0311), to which the facts of the world could either correspond or not. For a proposition to
have sense, it must be ‘bipolar’; it must be possible for that proposition to be either true or
false. Thus, for example, the propositions of natural science (as propositions describing the
particular arrangement of objects in some bounded part of the world) are sensical even if
and when they are false. Crucially, it is from this that the possibility of scientific fallibility

follows and, therefore, the possibility of scientific progress.

Of principle importance for Wittgenstein here is the consequence of this idea for the
positivistic reliance on a priori facts in Frege and Russell’s logicism. Specifically, by the
Tractarian reading, tautologies are not facts simply by virtue of their unconditional truth.
On the contrary, as Wittgenstein gestures metaphorically in the Tractatus: “A tautology
leaves open to reality the whole—the infinite whole—of logical space: a contradiction fills
the whole of logical space leaving no point of it for reality. Thus neither of them can
determine reality in any way.” (T 4.463) Contrary to the view of Frege and Russell (among
other logicians, then and now) the ‘unconditionally-true’ quality of tautologies does not
satisfy the conditions of sense for Wittgenstein. For here we would not know what it means
for a tautology to be false, nor for a contradiction to be true, and therefore cannot compare it
with reality (as we can a picture) to see if it ‘holds’ or not. In a manner of speaking, we

would not know where to look for its sense. “For example,” Wittgenstein notes in a telling
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illustration, “I know nothing about the weather when I know that it is either raining or not

raining.” (T 4.461)

Wittgenstein was highly critical of appealing to such a body of substantial logical truths,
familiar from the history of logic going back to Aristotle (the Law of Excluded Middle, the
Principle Non-Contradiction, etc.). Indeed, he considered this critique the Grundgedanke,
or ‘fundamental thought’, of the Tractatus: “My fundamental idea is that the ‘logical
constants’ are not representatives; that there can be no representatives of the logic of facts.”
(T 4.0312) However, the manner in which Wittgenstein rejected this appeal meant that he
had to deal with a number of problems—or, if these problems are mere philosophical
pseudo-problems, demonstrate that this is so—to which Frege and Russell were immune.
For the question that naturally poses itself here is this: How can we reconcile the necessity
that is supposedly inherent to our practice of logic with the revisions—including those of
Frege, Russell and Wittgenstein themselves—that have taken place in that very same
practice over time? How are we to reconcile the aprioricity of logic with the brute fact of

its historical development?

Where Wittgenstein had once agreed with Frege and Russell, that the advances of logic were
comparable to those of the sciences, he would soon after abandon such a view. Nonetheless,
that the practice of logic had changed as a result of the inquiries of Frege and Russell cannot
and could not have been denied. The status of logico-mathematical progress had, therefore,
to figure in the programmes of Frege and (albeit to a lesser extent) Russell, as well as that of
Wittgenstein’s Tractatus. However, because they had two drastically different notions of a
priori truth—as that which on the one hand must be asserted and of which it would be
absurd to deny, and that which on the other hand must ‘take care of itself’—how they dealt

with the question had likewise to take two drastically different paths.
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II. Frege: Logician and Historian

The problem of the historicity of logic—in other words, the question concerning how it is
that logic can have a history at all—was not unfamiliar to Frege or to Russell, often couched
as it is in terms of the nature of self-evidence and logico-mathematical fallibilism. It must
be granted that Russell ultimately gave the problem little credence." Frege, however, was
very aware of how problematic an appeal to self-evidence can be in light of the similar but
erroneous claims made by his philosophical predecessors.”” He thus provides a rich account
of how personal fallibility is possible in practice, despite the universal infallibility of
genuine a priori truths; indeed, Burge justly makes the claim that “the integration of these
two strands is one of his finest philosophical achievements.”'® Beyond that, however, it is
also interesting to note that Frege provides a number of specific examples where one may
generalize his account of individual fallibility to the level of community or cultural
fallibility. Perhaps most surprisingly here, for a philosopher who is considered by many to

be the epitome of the a-historical thinker—"“a paradigm example of a foundationalist project

14 As M. McGinn notes, Russell’s justification of aprioricity through self-evidence was in fact quite
uncritical in this regard: “Russell acknowledges that, in certain circumstances, a proposition that we take
to be self-evident may turn out to be false, for example, certain ethical propositions and fallacious
memories. He responds to the problem by introducing the idea of ‘degrees of self-evidence’. A
proposition may, he suggests, ‘have some degree of self-evidence without being true’ (B. Russell, The
Problems of Philosophy (Oxford: Oxford University Press, 1980), p. 68). This makes it probable, he
argues, that there are in fact two different notions of self-evidence, and ‘that one of them, which
corresponds to the highest degree of self-evidence, is really an infallible guarantee of truth, while the
other, which corresponds to all the other degrees, does not give an infallible guarantee, but only a greater
or lesser presumption’ (ibid.).” (M. McGinn, Elucidating the Tractatus (Oxford: Oxford University Press,
2006), p. 66.)

15 For example, Frege critiques Henkel’s claim thus: “Henkel bases the theory of real numbers on three
fundamental propositions, to which he ascribes the character of ‘common notions’ (notiones communes):
‘Once expounded they are perfectly self-evident; they are valid for magnitudes in every field, as vouched
for by our pure intuition of magnitude; and they can without losing their character be transformed into
definitions, simply by defining the addition of magnitudes as an operation which satisfies them.” In the
last statement there is an obscurity. The definition can perhaps be constructed, but it will not do as a
substitute for the original proposition: Are Numbers magnitudes, and is what we ordinarily call addition
of Numbers addition in the sense of this definition? And to answer it, we should need to know already
his original propositions about Numbers.” (FA §12)

16 T. Burge, “Frege on Knowing the Foundations,” p. 335. Mind, 107 (426), 1998, p. 307-347.
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pursued a-historically,” notes M. Beaney'’—Frege devotes a great deal of time to
investigating past mathematical practice and the logical principles that “formerly passed as
self-evident” for these practitioners (FA §1), all the while situating Aimself amidst such a

community of potentially fallible practitioners.

What is so noteworthy about Frege’s treatment of history here is not only that he
acknowledges the possibility of subjective error while preserving the objective status of a
priori truth, as Burge notes, but the fact that he also recognizes that such an account is
essential to the success of his program. The possibility of realising genuine logico-
mathematical progress required Frege to give an account of its history; for it is the very
possibility of such an historical development that allows Frege’s own system to serve as the

pinnacle that he evidently desired it to be.'®

We see this historically-oriented approach principally in Frege’s Foundations of Arithmetic
of 1884, where he proceeds to trace the history of modern mathematics, showing the faults
of his predecessors and ultimately laying the groundwork for his own work to come. Thus,
in a specific sense—in terms of the previously held philosophical answers to the question
What are numbers?—he turns to the answers of Leibniz, Locke and Mill, among others, and
devotes a great deal of textual exegesis to elucidating their faults. However, in a more
general methodological sense—in terms of the nature and necessity of posing the question
itself—Frege also looks to the past. He turns here principally to Kant. The quality of
Frege’s historical exegesis may perhaps be called into question at points, having apparently
relied on secondary sources that may themselves have been suspect; however, we still

regard Frege’s work today (as he himself did in the Foundations) as a valiant attempt to

17 M. Beaney, “Frege and the Role of Historical Elucidation: Methodology and the Foundations of
Mathematics,” p. 66. In eds Ferreirds & Gray, The Architecture of Modern Mathematics (Oxford: Oxford
University Press, 2006), pp. 47-66.

18 Similarly, the last chapter of Russell’s The History of Western Philosophy (New York: Simon & Schuster,
1945) is entitled “The Philosophy of Logical Analysis,” referring to what he obviously took as the correct
form of philosophy, within which the history of philosophical inquiry had then culminated.
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respond in particular to the Kantian understanding of arithmetic truths as synthetic a priori

truths.

For Kant, such synthetic a priori truths were knowable independently of experience (hence,
a priori) but only through the aid of ‘intuition’, which would provide them with a space for
a genuinely progressive advance of mathematical knowledge (hence, synthetic). For Kant,
an analytic judgement of the form ‘A4 is B’ is true if and only if the predicate ‘B’ is contained
in the subject ‘A’. Thus, the familiar example ‘4 bachelor is an unmarried man’ is
analytically true because the predicate unmarried man is already contained in the concept
bachelor. According to Kant, establishing an analytic a priori truth such as this does not
represent a genuine advance in our knowledge, for we would already have to know what an
‘unmarried man’ is in order to know what a bachelor is, and vice versa. On this conception,
to learn that a bachelor is an unmarried man is to learn something about the use of the terms
‘bachelor’ and ‘unmarried man’, etc., rather than an instance of learning something true

about bachelors.

However, in the case of mathematics, discovering the solution to ‘12-12’ for example, this is
an advance in knowledge for Kant. Upon learning what twelve times twelve means, we do
not necessarily come to the answer and when we have figured it out, we have not simply
learned something about the meaning of the terms ‘twelve’, ‘times’ and ‘equals’. Like other
cases of synthetic knowledge (such as ‘Snow is white’) the answer has to be discovered.
But, unlike other cases of synthetic knowledge, this knowledge is not dependent on any
particular observable experience. Kant thus accounted for the possibility of such knowledge
by positing a realm of intuition which allows us to advance our knowledge here,
independently of any particular set of experiences to which we might apply the Principle of

Induction.
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By ‘intuition’ Kant is referring here to the spatio-temporal framework of representation'?,
which by providing a medium of resistance allows us to explore and ultimately to advance
mathematical knowledge in a genuinely positive way. In a manner of speaking, it is because
we can go wrong in the application of mathematical principles (unlike the mere ascription of
terms at work in analytic knowledge) that we can also go right. As Kant notes, ironically:
“The light dove cleaving the air in her free flight, and feeling its resistance, might imagine
that her flight would be still easier in airless space.” (CPR AS5/B9) Of course, she might
wish it, but this would not be the case. In airless space no flight is possible. Analytic
knowledge requires no such intuition because the consequent is already contained in the
antecedent. In cases such as these there is no distance between the two terms—in other
words, there is no friction, no resistance that allows for the proverbial ‘flight of
knowledge’®. Our movement is not ‘more free’ in such cases, for in them there is no
movement at all. In the case of pure analytic a priori logic we are always already where we

want to be.

In the Critique of Pure Reason, Kant famously illustrates the necessity for synthetic a priori

truths and the intuition upon which they rely like this:

“Give a philosopher the concept of a triangle, and let him try to find out in his way how the sum of
its angles might be related to a right angle. He has nothing but the concept of a figure enclosed by
three straight lines, and the concept of equally many angles. Now he may reflect on this concept as
long as he wants, yet he will never produce anything new. He can analyse and make distinct the

concept of a straight line, or of an angle, or of the number three, but he will not come upon any other

19 E.g: “It is therefore through the medium of sensibility that objects are given to us and it alone provides us
with intuition.” (1. Kant, The Critique of Pure Reason, trans. N.K. Smith (New York, Macmillan, 1929),
A19/B33. [Hereafter CPR])

20 Continuing with this metaphor of the flight within airless space, Kant notes “It is thus that Plato left the
world of the senses, as setting too narrow limits to the understanding, and ventured out beyond it on the
wings of the ideas, in the empty space of the pure understanding. He did not observe that with all his
efforts he made no advance—meeting no resistance that might, as it were, serve as a support upon which
he could take a stand, to which he could apply his powers, and so set his understanding in motion.”
(CPR, A5/B9)
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properties that do not already lie in these concepts. But now let a geometer take up this question.
He begins at once to construct a triangle. Since he knows that two right angles together are exactly
equal to all of the adjacent angles that can be drawn at one point on a straight line, he extends one
side of his triangle, and obtains two adjacent angles that are together equal to two right ones. Now
he divides the external one of these angles by drawing a line parallel to the opposite side of the
triangle, and sees that here there arises an external adjacent angle which is equal to the internal one,
etc. In such a way, through a chain of inferences that is always guided by intuition, he arrives at a

fully illuminating and at the same time general solution of the question.” (CPR, A716-7/B744-5)

Here the ‘geometer’, seizing upon the concepts of straight line and angle, puts them to work
in an exploration of their spatially-determined representation.”’ “I construct a triangle,”
Kant writes, “by exhibiting an object corresponding to this concept, either through mere
imagination, in pure intuition, or on paper, in empirical intuition, but in both cases
completely a priori, without having had to borrow the pattern for it from any experience.”
(CPR A713/B741) Though geometers produce a particular representation of a triangle,
guided as they are by intuition, they nonetheless arrive at a wholly general solution and,
thus, a genuine advance in mathematical knowledge. Here we have deductive knowledge,
which is nonetheless synthetic. The ‘philosopher’, on the other hand, comes up with

nothing new and will never succeed in extracting geometric truths from the concepts

21 In the case of arithmetic, equations are worked out in a temporally-determined representation. The
difference, however, in terms of the present survey is marginal. For Kant, at least, and not unlike
Russell, the cases are symmetrical. (Cf. M. van Atten, “Kant and Real Numbers”, in eds. P. Dybjer, S.
Lindstrém, E. Palmgren, and G. Sundholm, Epistemology versus Ontology: Essays on the Philosophy
and Foundations of Mathematics in Honour of Per Martin-Lof (Dordrecht: Springer, 2012), pp. 3-23.) It
is important to note, however, that Frege was more cautious in this regard, noting e.g.:

“We shall do well in general not to overestimate the extent to which arithmetic is akin to geometry.
[...] One geometrical point, considered in itself, cannot be distinguished in any way from another; the
same applies to lines and planes. Only when several points, or lines or planes, are included together in
a single intuition, de we distinguish them. In geometry, therefore, it is quite intelligible that general
propositions should be derived from intuition; the points or lines or planes which we intuit are not
really particular at all, which is what enables them to stand as representatives of the whole of their
kind. But with numbers it is different; each number has its own particularities. To what extent a given
particular number can represent all the others, and at what point its own special character comes into
play, cannot be laid down generally in advance.” (FA §13)
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themselves without somehow constructing a spatially-determined representation of those
concepts (whether with a pen and paper, or in thought alone). We can only claim, as the
geometer does here, that ‘ Two right angles are exactly equal to all of the adjacent angles’ is
true because of the limits that intuition places upon the possible geometric construction of
triangles. In this case, we extend a given figure through chains of inference, mapping its
determinate behaviour within the field of representation, and thus we expand our knowledge

of mathematics.

Now Frege agreed that the discoveries of mathematics represent genuine advances in
knowledge; however, he disagreed that this knowledge requires such a realm of ‘intuition’.
Against Kant, Frege attempted to show that at least arithmetic, if not geometry, is indeed a
system of analytic a priori truths, but he had to do so in such a way that it might nonetheless

allow genuine progress to be made. As he writes in the Foundations:

“Philosophical motives too have prompted me to enquires of this kind. The answers to the questions
raised about the nature of arithmetical truths—are they a priori or a posterior? synthetic or analytic?
—must lie in the same direction. For even though the concepts concerned may themselves belong to
philosophy, yet as I believe, no decision on these questions can be reached without assistance from

mathematics—though this depends of course on the sense in which we understand them.” (FA §3)

Like Kant’s ‘light air’, which allows for the flight of knowledge in its very resistance to
flight, Frege too had to devise a sense of aprioricity that would provide a medium for
logico-mathematical progress. However, for him, in order to be analytic this medium had to
be intrinsic to the very truths themselves and not a result of some external synthesis of the
truths and a pre-given space of representation according to which they are constrained, a la

Kant’s geometer.

Nonetheless, it is interesting to note that on Frege’s account Kant had not been entirely
wrong in his understanding the analytic-synthetic distinction. Indeed, Frege notes in a now
infamous footnote that his own use of the Kantian language of ‘analytic’ and ‘synthetic’ was

not meant “to assign a new sense to these terms, but only to state more accurately what
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earlier writers, Kant in particular, have meant by them.” (FA §3, fn.1) Kant had, Frege
claims, simply defined the scope of logic too narrowly.? In other words, had Kant thought

about it more thoroughly, he would have naturally noticed his mistake:

“Kant obviously—as a result, no doubt, of defining them too narrowly—underestimated the value of
analytical judgements, though it seems that he did have some inkling of the wider sense in which I
have used the term. On the basis of his definition, the division of judgements into analytic and
synthetic is not exhaustive. What he is thinking of is the universal affirmative judgement; there, we
can speak of a subjective concept and ask—as his definition requires—whether the predicate concept
is contained in it or not [...] He seems to think of concepts as defined by giving a simple list of
characteristics in no special order; but of all ways of forming concepts, that is one of the least
fruitful. If we look through the definitions given in the course of this book, we shall scarcely find
one that is of this description. The same is true of the really fruitful definitions in mathematics, such
as that of the continuity of a function. What we find in these is not a simple list of characteristics;
every element in the definition is intimately, I might almost say organically, connected with the

others.” (FA §88)

What Kant missed, Frege claims here, is the power of ‘fruitful definitions’ to give rise to

genuine advances in knowledge. Fruitful definitions do not, he argues, only create a list of

22 MacFarlane addresses this question, pointing out how their conceptions differ in various ways—
specifically, how Frege’s conception of logic is more inclusive, and thus what appears to be ‘outside’ for
Kant becomes ‘inside’ for Frege in terms of the ‘resources of logic’:

“[T]he resources Frege recognizes as logical far outstrip those of Kant’s logic (Aristotelian term logic
with simple theory of disjunctive and hypothetical propositions added on). The most dramatic
difference is that Frege’s logic allows us to define concepts using nested quantifiers, where Kant’s is
limited to representing inclusion relations.” (J. MacFarlane, ‘Frege, Kant, and the Logic in Logicism’,
Philosophical Review, 111(1), 2002, pp. 25-66.)

While this is undoubtedly true, it is difficult not to refer here to the great differences between the two
figures in terms of the phenomena to which logic may be applied. For example, Frege denies Kant’s
dictum (A51/B75) that “Without sensibility, no object would be given to us,” claiming that numbers are
genuine objects but “can’t be given in sensation.” (FA §89) Frege’s view is that our understanding can
grasp such abstract objects if their definitions can be grounded in analytic propositions governing the
extension of concepts, which represents a significant difference in terms of what it is that allows logico-
mathematical statements to be true at all.
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properties in no particular order (such as Kant’s understanding of analytic truth, in which the
consequent is already contained in the antecedent ‘in no particular order’). Rather,
establishing logico-mathematical definitions that extend our knowledge requires one to
work out their precise logical consequences and thus—where those definitions are
“fruitful’—gives rise to a series of new ideas over time that was not previously there. In this
sense, for Frege, an analytic truth is one that is derivable from other truths through the
application of valid rules of inference which are themselves intimately interconnected to our
definitions, but are not complete in and of themselves. When we establish a new
mathematical definition, we ‘graph’ it onto previously known logico-mathematical truths,
apply the rules of inference to our new series, and so genuinely discover what is now

contained in this new series that had not previously been given at all.*

Frege thus rejects what he takes to be the narrow Kantian conception of definition: “Kant
seems to think of a concept as defined by a conjunction of marks; but this is one of the least
fruitful ways of forming concepts.” (FA §88) He continues to describe this insight regarding

the unity of the proposition as follows:

“A geometric illustration will make the distinction clear to intuition. If we represent concepts (or
their extensions) by figures or areas in a plane, then the concept defined by a simple list of
characteristics corresponds to the area common to all the areas representing the definition

characteristics; it is enclosed by segments of their boundary lines.”* With a definition like this,

23 As G. Currie notes: “A statement like: ‘A number is the extension of a concept of the form equinumerate
with the concept F, for some F."—when read from right to left, so to speak, offers an abbreviation of the
expression on the right. In this sense Frege’s definitions are conservative; we will not be able to prove
anything about the extensions of concepts that we could not otherwise have proved. But read from left to
right the definition offers an analysis of the term ‘number’; a term which already has a meaning (perhaps
an imprecise one) but which is now clarified. It is with respect to this left to right reading that the
question of fruitfulness arises. The definition enables us to graft the informal concept of number on to a
theory (the theory of conceptual extensions) which has, from a philosophical point of view at least,
certain advantages over the informal arithmetical theory with which we are familiar.” (G. Currie, Frege:
An Introduction to his Philosophy (Sussex: Harvester, 1982), p. 153.)

24 To refer to our earlier example of a strictly analytic truth, in this case the ‘figure’ of the concept bachelor
would precisely overlap at every point that of unmarried man.
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therefore, what we do—in terms of our illustration—is to use the lines already given in a new way
for the purpose of demarcating an area. Nothing essentially new, however, emerges in the process.
But the more fruitful type of definition is a matter of drawing boundary lines that were not
previously given at all. What we shall be able to infer from it, cannot be inspected in advance; here
we are not simply taking out of the box what we have put into it. The conclusions we draw from it
extend our knowledge, and are therefore, on Kant’s view, to be regarded as synthetic; and yet they
can be proved by purely logical means, and are thus analytic. The truth is that they are contained in

the definitions, but as plants are contained in their seeds, not as beams are contained in a house.” (FA

§88)

Frege concludes this lengthy passage with the remark: “Often we need several definitions
for the proof of some proposition, which consequently is not contained in any one of them

alone, and yet does follow purely logically from all of them together.” (ibid.)?

And this is, of course, exactly what Frege sets out to do in the Basic Laws of Arithmetic,

¢ In this later work, the

published nine years after the Foundations had been laid down.’
Kantian vocabulary of ‘analytic’ and ‘synthetic” would be abandoned; nonetheless, Frege’s
emphasis on a genuinely productive analytical combination of definitions follows through
with the same immanency of natural necessity described earlier. It is important to note,
however, that although these definitions “draw boundary lines that were not previously
given all”—in other words, though they give rise to new knowledge—Frege is extremely
cautious to delimit the degree of creative freedom exhibited there. As in the reference
above, Frege once again claims that the definitions he is proposing in this later work do not

“create anything new” in and of themselves. (BA, p. 2) Rather, they mark for him the limit

of logical regression, that point at which the propositions of logic and mathematics “are not

25 As Beaney notes, this passage suggest that there are two kinds of definitions: “The first kind are
genuinely stipulative definitions, which do serve as abreviatory devices, and which generate
straightforwardly analytic judgements in Kant’s original sense [...] The second kind are Frege’s ‘fruitful’
definitions, which start from a given proposition and yield not the concepts originally ‘thought into it’ but
new concepts.” (M. Beaney, Frege: Making Sense (London: Duckworth, 1996), p. 129.

26 G. Frege, The Basic Laws of Arithmetic, ed. and trans. M. Furth (Berkley: University of California Press,
1964) [Hereafter, BA]
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derived from other propositions” (ibid.), and thus follow through with the natural order of

truth that guides pure logical inference:

“It is important that we make clear at this point what a definition is and what can be attained by
means of it. It seems frequently to be credited with a creative power; but all it accomplishes is that
something is marked out in sharp relief and designated by a name. Just as the geographer does not
create a sea when he draws a boundary line and says: the part of the ocean’s surface bounded by
these lines [ am going to call the Yellow Sea, so too the mathematician cannot really create anything
by his defining. Nor can one by pure definition magically conjure into a thing a property that in fact
it does not possess—save that of now being called by the name with which one has named it.” (BA,

p. 11)

Thus, Frege notes:

“I myself can estimate to some extent the resistance with which my innovations will be met, because
I had first to overcome something similar in myself in order to make them. For I have not arrived at
them haphazardly or out of a craving for novelty, but was driven by the very nature of the case.”

(BA, p. 7-8, my emphasis)

But we recall here that the progress Frege presumes that his Basic Laws of Arithmetic
represent is founded on the possibility of error and of approaching the truth only
approximately (such as that embodied in the errors of past philosophers and mathematicians,
or Kant’s ‘narrow understanding’ of the nature of analytic truth). In the Foundations,
therefore, it was essential for Frege to first propose an epistemologically robust account of

the history of mathematical error.

In this sense, one might justifiably claim that logico-mathematical fallibility rests at the core
of the logicist program—after all, it is this that allows one to separate good mathematics
from the bad. Good logic and good mathematics (like good geography) delimit the concepts
required for establishing deductive truths that were not previously known; they nonetheless

avoid the faults of the ‘merely creative’ mathematicians—who conduct themselves “like a
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god, who can create by his mere word whatever he wants” (FA §109)—by being driven by
the very nature of the case. In other words, good mathematics carves up the conceptual
world at its joints, so to speak. It is in this sense that logic and mathematics can, for Frege,
provide genuinely progressive knowledge of the world that is nonetheless objective in
character—/ike any other science. And just as any other science admits approximation and

error without compromising its objectivity, so too do logic and mathematics.

In the Foundations Frege poses the natural question, which was also the Kantian question:
“How do the empty forms of mathematics disgorge such a rich content?” (FA §16) But he

proposes a distinctly un-Kantian answer:

“However much we may disparage deduction, it cannot be denied that the laws established by
induction are not enough. New propositions must be derived from them which are not contained in
any one of them by itself. No doubt these propositions are in a way contained covertly in the whole
set taken together, but this does not absolve us from the labour of actually extracting them and

setting them out in their own right.” (FA §17)

In Kant’s treatment of a mathematical proposition, an arithmetical judgement expands our
knowledge if it is supported by something outside of the proposition themselves. So too
with Frege, but the appeal to intuition drops away when a priori arithmetical judgements are
taken together as a set. As Tappenden notes: “The additional content plays the role of the

”?7 For Frege, a logical

‘something extra’ represented by intuition in Kant’s schema.
inference expands our knowledge analytically if that ‘something outside’ the given logico-

mathematical proposition is another logico-mathematical proposition.® In this way,

27 J. Tappenden, “Extending Knowledge and ‘Fruitful Concepts’: Fregean Themes in the Foundations of
Mathematics.” Nous, 29(4), 1995, pp. 427-467.

28 This does not mean, however, that it is ‘turtles all the way down’ for Frege, for at the foundation of this
chain of logico-mathematical propositions are elucidations. As Beaney notes: “Since not everything can
be defined, we must rely on something else—elucidation—to explain the meaning of the most basic
terms of all. Since there is always the risk of misunderstanding in attempts at elucidation, Frege writes,
‘we have to be able to count on a meeting of minds, on others’ guessing what we have in mind’. But
Frege goes on, ‘all this precedes the construction of a system and does not belong within a system’”
(“Frege and the Role of Historical Elucidation,” op. cit., p. 53.)
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inference yields progressive knowledge if a concept attained by carving up conceptual

reality is capable of being grafted onto another concept and ‘bearing fruit’, as it were.

It is tempting to view the idea of progress that Frege outlines here in a psychologistic way,
in other words, as a case of simply overcoming the psychological limitations of beings who
think like we do—i.e. imperfectly. On this account an omnipotent mind would know
without further ado all of the consequences of the complete and eternally true set of all
logico-mathematical propositions. An omnipotent mind would be absolved of the ‘labour’
of extracting from them their ‘covert’ truth. However, this is clearly not what Frege meant.
Rather, this idea of logico-mathematical progress is one in which “natural order of truths”
(FA §23) is allowed to blossom by its own necessity, in thought itself. Attaining the correct
concepts, establishing fruitful definitions and extracting from them their consequences via
the valid application of logical inference, does not therefore reflect a mere human
compulsion. Rather, thought provides a soil in which concepts grow according to an inner
necessity all their own, which is discovered only through working out the problem itself. In
this sense the objective ground of progressive knowledge in mathematics is found in the
logical structure of conceptual continuity, which remains in essence the same, though we

proceed to represent conceptual content in fruitfully diverse ways.

Of course, despite these philosophical accoutrements, Frege’s project ultimately failed.
Naturally, he did not believe it was possible for there to have been an error in his system at
the time—having split his basic laws into logically simple steps to make it a matter of ‘pure
logic’—but it is surely one of the great ironies of the history of philosophy that the
introduction to Frege’s Basic Laws fatefully leaves open the very possibility that was
ultimately the downfall of his logicist ambitions. Specifically, Frege admits the possibility
that his now infamous Axiom V (wherein his notion of ‘value-ranges’ or ‘course-of-values’

are introduced) is defective. He writes there:

“Because there are no gaps in the chains of inference, every ‘axiom’, every ‘assumption’,

‘hypothesis’, or whatever you wish to call it, upon which a proof is based is brought to light; and in
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this way we gain a basis upon which to judge the epistemological nature of the law that is proved.
Of course the pronouncement is often made that arithmetic is merely a more highly developed logic;
yet that remains disputable so long as transitions occur in the proofs that are not made according to
acknowledged laws of logic, but seem rather to be based upon something known by intuition. Only
if these transitions are split up into logically simple steps can we be persuaded that the root of the
matter is logic alone. I have drawn together everything that can facilitate a judgement as to whether
the chains of inference are cohesive and the buttress solid. If anyone should find anything defective,
he must be able to state precisely where, according to him, the error lies: in the Basic Laws, in the
Definitions, in the Rules [of inference], or in the application of the Rules at a definite point. If we
find everything in order, then we have accurate knowledge of the grounds upon which each
individual theorem is based. A dispute can arise, so far as I can see, only with regard to my Basic
Law concerning course-of-values (V), which logicians have not yet expressly enunciated, and yet
this is what people have in mind, for example, where they speak of the extensions of concepts. I
hold that it is a law of pure logic. In any event the place is pointed out where the decision must be

made.” (BA, p. 3-4)*

Indeed, Russell’s discovery of the paradox at the heart of Axiom V would seem to vindicate
this cautious declaration; and Frege’s reaction to Russell’s announcement makes an honest
reference to his initial doubt (although he had not yet denied his conviction that at least
something Jike his Axiom V would nonetheless have to play a role in ultimately determining
the logical foundations of arithmetic). In the appendix to Volume II of the Basic Laws,
written hastily after Russell had informed him of his discovery while the book was already
in print, Frege notes: “Hardly anything more unfortunate can befall a scientific writer than
to have one of the foundations of his edifice shaken after the work is finished.” He

continues:

29 In this sense, it is worth noting that Frege had been singularly good to his word, having declared earlier
in the text: “The ideal of a strictly scientific method in mathematics, which I have here attempted to
realize, and which might indeed be named after Euclid, I should like to describe as follows. It cannot be
demanded that everything be proved, because that is impossible; but we can require that all propositions
used without proof be expressly declared as such, so that we can see distinctly what the whole structure
rests upon.” (BA, p. 2, my emphasis)
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“This was just the position I was placed in by a letter of Mr. Bertrand Russell, just when the printing
of this volume was nearing completion. It is a matter of my Axiom (V). I have never disguised from
myself its lack of the self-evidence that belongs to the other axioms and that must properly be
demanded of a logical law. And so in fact I indicated this weak point in the Preface to Volume I. 1
should gladly have dispensed with this foundation if I had known of any substitute for it. And even
now I do not see how arithmetic can be scientifically established; how numbers can be apprehended
as logical objects, and brought under review; unless we are permitted—at least conditionally—to

pass from a concept to its extension.” *

The details concerning the content of Axiom V need not concern us too greatly here. For
our present purposes, what is most noteworthy about these two passages is how Frege
initially describes his Axiom V as ‘pure logic’ (a self-evident a priori truth for which no
proof can be given and for which no proof is needed) only to admit in the face of his error
that it had always lacked the self-evidence “that must properly be demanded of a logical
law.” How, in light of Frege’s claims regarding self-evidence and the infallibility of genuine
a priori principles of logic, are we to make sense of the possibility of error here and,
moreover, of Frege’s initial admission that he too may very well have been mistaken a//

along?

First of all, it is important to note that Frege does not appear to use the term ‘self-evident’ in
a technically precise way. The fact that he seems to have resisted using a single term to
perform this function—at different times he employs terms as varied as selbstverstindlich,
einleuchtend, evident, and unmittelbar klar—would suggest that he is distancing himself
from the same ultra-authoritative claims of ‘self-evidence’ appealed to by some arch-
rationalists in a similar context (even perhaps by Russell).?! Nonetheless, it is clear that his
use of such terms is meant to gesture towards another notion that was for him highly

technical and absolutely central to his program. For Frege, there are two senses in which

30 G. Frege, Basic Laws of Arithmetic, Vol. II, in P. Geach and M. Black (eds.), trans. P. Geach, Translations
from the Philosophical Writings of Gottlob Frege (Oxford: Basil Blackwell, 1966), p. 234.

31 Cf.T. Burge, “Frege on Knowing the Foundations,” op cit. p. 335, for further discussion.
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truth manifests itself: the one that is experienced by a subjective knower and the other that is
an objective feature of things (known or unknown). We keep these two cases distinct, Frege
argues, by maintaining a strict division between the realm of psychology (or the taking-for-

true) on the one hand and the realm of logic (the True) on the other.

This response to the problem of personal fallibility did not arise solely as a consequence of
the contradiction that Russell discovered in his Basic Laws; rather, his concern for
distinguishing the fallible truths of personal psychology and the infallible truths of logic
motivated his endeavour from the very start. Frege clearly recognized that the possibility of
realising his program depended on a separation of these two realms. Thus, in both of the
introductions to his two major works, the Foundations and the Basic Laws, he launches a
staunch attack against what he considered the absurdity of ‘psychological logic’. This
attack follows the de-transcendentalisation of Kantian idealism that was widespread in 19th
century German philosophy, a strain of psychologism which sought to remove logic from
the transcendental sphere of pure reason and return it to the immanent anthropological basis
of particular individuals acting in concrete psycho-social contexts. Two striking passages
from the German logician B. Erdmann (whom Frege attacks specifically and at length in his
introduction to the Basic Laws as a prototypical ‘psychological logician’), clearly outline the

character of this conception of logic:

“[L]Jogical laws only hold within the limits of our thinking, without our being able to guarantee that
this thinking might not alter its character. For it is possible that such a transformation should occur,
whether affecting all or only some of these laws, since they are not analytically derivable from one
of them. It is irrelevant that this possibility is unsupported by the deliverances of our self-
consciousness regarding our thinking. Though nothing presages its actualization, it remains a
possibility. We can only take our thought as it now is, and are not in a position to fetter its future

character to its present one.”*

32 B. Erdmann, Logik, trans. and quoted in E. Husserl, Logical Investigations, Vol. I, trans. J.N. Findlay
(Routledge and Kegan Paul: London, 1970), p. 162
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Erdmann here views the so-called necessities of logic sub specie humanitatis, immanent to a
very particular and historically-situated human nature, which because it is not eternally
transcendent is subject (like other kinds of thought) to the possibility of radical change.
This is the case, Erdmann claims, regardless of our inability to properly conceive of what
those changes might be—for that inability too is merely the result of historical, and thus

accidental, determinations in the character of our thought at a given time:

“[W]e cannot help admitting that all the propositions whose contradictories we cannot envisage in
thought are only necessary if we presuppose the character of our thought, as definitely given in our
experience: they are not absolutely necessary in all possible conditions. On this view our logical
principles retain their necessity for our thinking, but this necessity is not seen as absolute, but as
hypothetical. We cannot help assenting to them—such is the nature of our presentation and thinking.
They are universally valid, provided our thinking remains the same. They are necessary, since to
think means for us to presuppose them, as long, that is, as they express the essence of our

9933

thinking.

While Frege also sought to remove logic from the transcendental sphere of Kantian
idealism, he resisted temporalising—and thus, in his view, relativising—that logic within
the sphere of human praxis, as Erdmann does here. In Frege’s vocabulary, Erdmann would

thus seek to reduce the universal truths of logic to the particular fakings-for-true of

psychology.

In a moment of poetic lucidity—a stylistic feature that he employs with surprising

consistency when he attacks his psychologistic opponents—Frege expresses the idea thus:

“I understand by ‘laws of logic’ not psychological laws of takings-to-be-true, but laws of truth. If it
is true that I am writing this in my chamber on the 13th of July, 1893, while the wind howls out-of-
doors, then it remains true even if all men should subsequently take it to be false. If being true is
independent of being acknowledged by somebody or other, then the laws of truth are not

psychological laws: they are boundary stones set in an eternal foundation, which our thoughts can

33 Ibid.
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overflow, but never displace. It is because of this that they have authority for our thought if it would
attain truth. They do not bear the relation to thought that the laws of grammar bear to language; they

do not make explicit the nature of our human thinking and change as it changes.” (BA, p.13)

Thus, to claim that the primitive principles of logic are self-evidently true, is not to claim
that we ourselves are unable be mistaken in supposing them. By extension, to situate a
thinker among a community of fallible human beings is not to reduce the truth of any
particular thought to the participation of that person among a community of like-minded and
similarly fallible people. Regardless of how great or wide-spread that community is, the
truth—unlike knowledge—is set in an eternal foundation that the ebb and flow of mortal
opinion will never succeed in displacing. It matters not for Frege whether one person is
mistaken (at the level of the individual), many people (at the level of the cultural collective)
or all of us (‘human thinking’ as a whole). If the science of logic is to be a science at all, the
laws of logic must invariably prescribe the way in which one ought to think about truth, and
they can do so precisely because they are immune to our sometimes meandering minds.
Logic, Frege insists, is concerned with truth, as ethics is concerned with goodness and
aesthetics with beauty. Such objective principles exist wholly independently of how human
beings think. We need not act in accordance with them (just as we need not act in
accordance with moral or aesthetic laws) but we should if we are seriously concerned with

attaining truth rather than the takings-for-true of mere psychology.*

From this it is not difficult to see the role of the history of logico-mathematical investigation
plays in Frege’s work. The practice of logic has a history, and it is historical still. But it can
only be so because there is an objective truth that exists independently of that practice to

which it aspires. The flux of history—like the changing patterns of individuals’ personal

34 E.g., “Just as ‘beautiful’ points the ways for aesthetics and ‘good’ for ethics, so do words like ‘true’ for
logic. All sciences have truth as their goal; but logic is also concerned with it in a quite different way:
logic has much the same relation to truth as physics has to weight or heat. To discover truths as truths is
the task of all sciences; it falls to logic to discern the laws of truth. [...] From the laws of truth their
follow prescriptions about asserting, thinking, judging, inferring.” (G. Frege, “Logical Investigations,
Part I: Thoughts,” p. 351, in G. Frege Collected Papers, ed. B. McGuinness, trans. P. Geach and R.H.
Stootfoff (London: Basil Blackwell, 1984), pp. 351-372.)
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psychology—must not be confused with the stable universality of genuinely a priori truths.
Individual takings-for-true must not be confused with the True, no matter how ancient or
how deeply ingrained they may appear to be. And that they may be ancient or deeply

ingrained holds no authority in the absence of proof.

This does not mean for him that there is nothing interesting to learn from the history of
mathematics. There is, as the Foundations clearly demonstrates; however, this history—
insofar as it is history—can only ever be the history of error. What is true a priori is
eternally so and therefore, strictly speaking, can have no history. If new proof is demanded
for a basic laws that formerly passed as self-evident and its status as truth is thereby thrown
into doubt—for example, Frege notes that even Euclid’s standard of rigour was not always
satisfying to geometers, and out of this critical treatment of the axiom of parallels new
developments in modern geometry arose (FA §2)—we can only conclude that it was not an a
priori truth to begin with, but rather a taking-for-true of our fallible personal psychology.*
“Thought is in essentials the same everywhere,” he writes, “it is not true that there are
different kinds of laws of thought to suit the different kinds of objects thought about.” (FA,

p. iii)) As the laws of thought hold for everyone everywhere, whether or not one abides by

35 It is interesting to note in this regard, concerning H. Sluga’s criticisms of analytic philosophy for failing
to adequately take account of its historical development, that insofar as analytic philosophy may be
considered a Fregean philosophy, this a-historicism is not a failing but rather a condition of its
realization. As Sluga notes:

“The complimentary tendency, that of underestimating the distance that separates the later tradition [of
analytic philosophy] from its beginnings, can equally be illustrated in the case of Frege. Its effect is
also that of blocking real historical understanding. Thus, it is taken for granted that Frege was
concerned with ontological questions just as the subsequent analytic tradition has been. It is assumed
that he was interested in setting up a semantic theory just as logicians have done since Tarski, that,
indeed, model-theoretical semantics begins with Frege. His considerations about truth as an object are
dismissed as mere scholasticism. His rejection of logicism after the discovery of Russell’s paradoxes
is considered an overreaction; his objections to Cantorian sets are explained as a result of personal
hostility. Wherever Frege's views can be made to fit the current discussion, they are simply identified
with it; where they cannot be made to fit, they are either ignored or explained away in psychological
terms.” (H. Sluga, Gottlob Frege (Routledge: London and New York, 1980), p. 6, my emphasis)

Here we see a precise analogue with Frege’s own attitude towards history: that the history of philosophy

(insofar as it is history) can only be the history of an error, and what is true is eternally so (and thus a-

historical).
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them, they also hold every-when. There are not different laws of thought to suit different

times.

It is no coincidence that Frege devotes the entire first half of his Foundations (and several
significant parts of the Basic Laws) to outlining the history of what previously passed for an
answer to the question What are numbers? Frege turns to history here in order to motivate
his project, for it will not suffice for him to merely stipulate the meaning of terms such as
‘analytic’, ‘definition’, ‘inference’, etc., and continue from there. If his analysis is going to
be critical—and he needs it to be critical, for indeed his aim is to make a significant
contribution to the traditional debate—it must also be historical.  This historical
investigation only serves, however, as an elucidatory preparation for further researches into
the genuine a priori foundations and on Frege’s account it “should not usurp their place.”
(FA, p. viii) This would be, Frege argues, to succumb to the ‘genetic fallacy’ (i.e., to seek
the foundation of an idea in its historical origin) and be tantamount to espousing a form of

relativism. As he states:

“It may, of course, serve some purpose to investigate ideas and changes of ideas which occur during
the course of mathematical thinking; but psychology should not imagine that it can contribute
whatever to the foundation of arithmetic. [...] The historical approach, with its aim of detecting how
things begin and of arriving from these origins at a knowledge of their nature, is certainly perfectly
legitimate; but it also has its limitations. If everything were in continual flux, and nothing
maintained itself fixed for all time, there would no longer be any possibility of getting to know
anything about the world and everything would be plunged in confusion. We suppose, it would
seem, that concepts sprout in the individual mind like leaves on a tree, and we think we discover
their nature by studying their birth: we seek to define them psychologically, in terms of the nature of
the human mind. But this account makes everything subjective and if we follow it through to the
end, does away with truth. What we know as the history of concepts is really a history of either our

knowledge of concepts or the meaning of words.” (FA, p. vi-vii)
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Subjectively, we may thus indeed mistakenly suppose a logical principle to be self-evidently
true and so not accord with the truth. Evidently, there is no contradiction in someone’s
taking something for a self-evident a priori truth that is in fact neither self-evident nor true a
priori. As in the case of all other forms of scientific inquiry, we need only demand further
proof to satisfy ourselves of our position, and if we are not thereby satisfied, then we simply

need to change it.

However, according to Frege, there is a contradiction involved in something itself formerly
being true. 1t is, for example, one thing to claim that one’s past assertions do not accord
with the truth, but it is quite another thing to claim that the truth does not accord with itself.
“If other persons presume to acknowledge and doubt a law in the same breath,” Frege notes,
“it seems to me an attempt to jump out of one’s own skin, against which I can do no more
than urgently warn them.” (BA, p. 15) This would be “a hitherto unknown type of
madness.” (BA, p. 14) And this is in fact what historicism (of the psychologistic kind that
Frege here identifies it with via the genetic fallacy) would espouse. The psychological
logician, such as Erdmann, who would seek the true content of a mathematical thought in
the history of individuals’ judgements and thus claim that it is possible (no matter how
incomprehensible) at one time for two plus three to equal five and at another to equal six,
has by this account failed to make the necessary distinction between the content of the

proposition and its judgement. As Frege notes:

“All determinations of the place, the time, and the like, belong to the thought whose truth is in point;
its truth itself is independent of place and time. How, then, is the Principle of Identity really to be
read? Like this, for instance: “It is impossible for people in the year 1893 to acknowledge an object
as being different from itself”? Or like this: “Every object is identical with itself”? The former law
concerns human beings and contains a temporal reference; in the latter there is no talk either of
human beings or of time. The latter is a law of truth, the former a law of people’s taking-to-be-true.”

(BA, p. 15)%

36 In this sense, though Russell does not explicitly speak about the consequences of historicism for logic-
mathematical fallibility, we can see a certain accord between his views and those of Frege. As Beerling
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To claim that the proposition /¢ is impossible for people in the year 1893 to acknowledge

an object as being different from itself "’ is true, is therefore to make a reference to something

known about people in the year 1893 and not about the Principle of Identity. To claim that

‘Every object is identical with itself ’ is, on the other hand, to make an abstract—and

therefore a-historical—claim.”’

Self-evidence is by this account not a feature of the a priori primitive principles of logic, but

of their justification (FA, §3). To claim that a truth is self-evident in this sense is only to

37

notes:

“Russell places everything in ‘knowledge by description’ with which I—through external or internal
observation—am directly acquainted. [...] Thereto belong the data of memory as the source of all
knowledge about the past. I am immediately familiar, though, with the data of my own past only. The
past of others or, to put it more generally ‘the past as such’ is a matter of inference to me. So my
knowledge thereof falls under the head of what Russell would call ‘knowledge by description.” By the
latter he means ‘any phrase of the sort,” ‘a so-and-so’ or ‘the so and so’. The final difference from
phrases of a strictly logical quality is this, that the latter need not contain any reference to ‘actual
particulars’ and can be composed completely of abstract terms.” (R.F. Beerling, “Russell and
Historical Truth,” p. 386-7. Kant-studien, 55(4), 1964, p. 385-393.)

Thus, according to Russell, for sentences referring to history it is required that they contain at least one
reference to something with which we are directly acquainted: in this case, the person, time or place in
which (or by whom) it is believed that two plus three equals six.

The error of the genetic fallacy follows, Frege argues, from failing to distinguish between two
propositions that share a similar external form but contain objectively independent content. Here we see
the necessity of an adequate logical notation for Frege, and how in his logical notation he draws
“together everything that can facilitate a judgement” (BA, p. 4) in order to resolve this difficulty. This
feature is embodied in Frege’s notation by way of the “content stroke” (“——") and “judgement stroke”
(“

proposition (the possible content) from its assertion as true (the judgement): “Through this mode of
notation I mean to have a very clear distinction between the act of judging and the formation of a mere
assertible content.” (G. Frege, “Conceptual Notation,” p. 94. In G. Frege, Conceptual Notation and
Other Articles, ed. and trans. T. W. Bynum (Oxford: Clarendon Press, 1972))

In this sense the proposition ‘2+3=5" is not to be read as a declaration of the fact that two plus two equals

", Russell’s “assertion sign”). In Frege’s Begriffsschrift this stroke separates the meaning of the

five but as the content of the thought to be judged (something we might describe as “two plus three’s
equalling five”, transcribed * 2+3=5" in the Begriffsschrift), ultimately as true in this case. Likewise,
transcribing the affirmation of this thought in Frege’s notion, one would would write: ‘f——2+3=5". In
this case, the thought “two plus three’s equalling five” denotes “the True.” We might also write ‘2+3=6’,
2+3=6")—as Frege
notes, “without being guilty of writing a falsehood,” for the thought has a sense when taken as a whole—
but this could not be truthfully asserted and so would denote “the False”; in Frege’s notation: ‘f——

to refer to the possible content of a judgement (“two plus three’s equally six,”or ¢

2+3=6", where the sign ‘—=—"functions as the “negation stroke.”
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claim that we recognise its truth—in judging that it is true—independently of other truths
(including the truth of one’s own acknowledgement of its truth). The primitive principles of
logic are not in need of any proof. They are ‘unprovable’ in the sense that they are not
justifiable by derivation. In this sense, not only is there no contradiction between asserting
that Frege took his Axiom V to be a matter of pure logic when it was not, the very
possibility of such personal fallibility is in fact inherent to Frege'’s project. For to disregard
this possibility would be to grant the psychological logician the first step—that the True
may be reduced to the taking-for-true—and consequently sound the death-knell of truth,
objectivity and the very logical foundation of the science of logic that Frege sought to
establish. If Frege begins his Foundations with an extensive account of what previous
thinkers have mistakenly taken number for (i.e. the ‘impure’ psychological truths of history)
before he proceeds to give an account of what numbers are (pure, a-historical, logical truth),
he