
Eur. Phys. J. C          (2019) 79:985 
https://doi.org/10.1140/epjc/s10052-019-7489-6

Regular Article - Experimental Physics

Measurement of flow harmonics correlations with mean
transverse momentum in lead–lead and proton–lead collisions
at

√
sNN = 5.02 TeV with the ATLAS detector

ATLAS Collaboration�

CERN, 1211 Geneva 23, Switzerland

Received: 12 July 2019 / Accepted: 13 November 2019
© CERN for the benefit of the ATLAS collaboration 2019

Abstract To assess the properties of the quark–gluon
plasma formed in ultrarelativistic ion collisions, the ATLAS
experiment at the LHC measures a correlation between the
mean transverse momentum and the flow harmonics. The
analysis uses data samples of lead–lead and proton–lead col-
lisions obtained at the centre-of-mass energy per nucleon
pair of 5.02 TeV, corresponding to total integrated luminosi-
ties of 22 μb−1 and 28 nb−1, respectively. The measurement
is performed using a modified Pearson correlation coeffi-
cient with the charged-particle tracks on an event-by-event
basis. The modified Pearson correlation coefficients for the
2nd-, 3rd-, and 4th-order flow harmonics are measured in the
lead–lead collisions as a function of event centrality quan-
tified as the number of charged particles or the number of
nucleons participating in the collision. The measurements are
performed for several intervals of the charged-particle trans-
verse momentum. The correlation coefficients for all studied
harmonics exhibit a strong centrality evolution, which only
weakly depends on the charged-particle momentum range.
In the proton–lead collisions, the modified Pearson correla-
tion coefficient measured for the 2nd-order flow harmonics
shows only weak centrality dependence. The lead-lead data
is qualitatively described by the predictions based on the
hydrodynamical model.

1 Introduction

The large azimuthal anisotropy observed for particles pro-
duced in heavy-ion collisions at RHIC [1–4] and the LHC [5–
8] is one of the main signatures of the formation of strongly
interacting matter called quark–gluon plasma (QGP). A stan-
dard picture of an ultrarelativistic heavy-ion collision is
that the initial, asymmetric ‘almond’ shape of the colliding
nuclei’s overlap region leads to the formation of pressure
gradients in the QGP. These pressure gradients transform the
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initial shape into an azimuthal anisotropy of the final-state
particle distributions through a nearly ideal hydrodynamic
evolution and subsequent QGP hadronisation process [9].
The azimuthal anisotropy is customarily decomposed into
Fourier components with the amplitude of the nth term
denoted by vn and known as a flow harmonic [10]. Theoret-
ical hydrodynamical models successfully describe observed
flow phenomena at low particle transverse momenta [11].
The properties of QGP were recently studied with measure-
ments of correlations between flow harmonics of different
order [12–16] as well as with analyses of event shapes [16–
20]. It is expected that in lead–lead (Pb+Pb) collisions the
magnitudes of the azimuthal flow harmonics [6,7] should
be correlated with the mean transverse momentum [pT]
of the particles on an event-by-event basis [21]. In this
paper, that correlation is called the vn–[pT] correlation. In
proton–lead (p+Pb) collisions, the measurements of multi-
particle correlations [22] show evidence of collective phe-
nomena. The spectra of identified particles in p+Pb colli-
sions are consistent with a presence of the radial flow [23]
while the nuclear modification factor at high pT approaches
unity [24]. Despite intensive studies, the mechanism respon-
sible for the collective behaviour in small collision systems
still remains unknown [9]. In p+Pb collisions the vn–[pT]
correlation could provide constraints on the initial geometry
of the particle source, thereby reducing the overall modelling
uncertainty. According to the hydrodynamical model predic-
tions [25], in p+Pb collisions the vn–[pT] correlation is sen-
sitive to the distribution of energy deposition in the first stage
of the collision. For a larger source a positive v2–[pT] cor-
relation is expected while for a compact source the negative
correlation is obtained. Simultaneous measurements of vn–
[pT] correlations in small and large systems may help disen-
tangle the role of initial conditions and subsequent dynamical
QGP evolution in final-state particle distributions.
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To measure the strength of the vn–[pT] correlation, the
Pearson correlation coefficient (PCC) R [25] is used where

R = cov(vn{2}2, [pT])
√

Var(vn{2}2)
√

Var([pT]) . (1)

The term vn{2}2 is the square of the nth-order flow harmonic
obtained using the two-particle correlation method [26],
cov(vn{2}2, [pT]) is the covariance between vn{2}2 and [pT],
and Var(vn{2}2) and Var([pT]) are the variances of the vn{2}2

and [pT] distributions, respectively. Experimentally, how-
ever, the finite event-by-event charged-particle track mul-
tiplicity results in an additional broadening of the vn{2}2

and [pT] distributions due to statistical fluctuations. Thus,
the values of the respective variances are increased, espe-
cially for [pT]. The magnitude of this broadening depends on
the choice of kinematic region and on detector performance,
making direct comparisons between experimental results and
with theoretical calculations difficult. To overcome this prob-
lem, a modified correlation coefficient ρ, less sensitive to
the charged-particle multiplicity than R, was suggested in
Ref. [25]. To reduce the auto-correlation effects and those
due to the finite charged-particle multiplicity in an event, the
variances of the vn{2}2 and [pT] distributions are replaced by
corresponding dynamical variables, which are more sensitive
to intrinsic initial-state fluctuations. The variance of vn{2}2

is replaced by its dynamical counterpart [27]

Var
(
vn{2}2)

dyn = vn{2}4 − vn{4}4

= 〈corrn{4}〉 − 〈corrn{2}〉2, (2)

where corrn{2} and corrn{4} are the two- and four-particle
correlations [26] and where angular brackets denote that they
are averaged over events. These correlations are described in
detail in Sect. 4.

The variance of [pT] is replaced by the dynamical pT

fluctuation magnitude [28,29] ck defined as

ck =
〈

1

Npair

∑

i

∑

j �=i

(pT,i − 〈[pT]〉)(pT, j − 〈[pT]〉)
〉

(3)

where 〈[pT]〉 is the average [pT] over the all analysed events.
The modified PCC ρ is thus defined as

ρ = cov(vn{2}2, [pT])
√

Var
(
vn{2}2

)
dyn

√
ck

. (4)

It was demonstrated in Ref. [25] that the ρ coefficient calcu-
lated using realistic and finite multiplicities provides a reli-
able estimate of the true value of R found in the limit of infi-
nite multiplicity, whereas the coefficient R, calculated using
Eq. (1) for finite multiplicity underestimates the true value.

The ALICE experiment measured [20] that the charged-
particle pT spectrum is correlated with the magnitude of the
elliptic flow. It is measured to be harder in collisions with
the higher second flow harmonics and softer in collisions
where the elliptic flow is smaller. The magnitude of spec-
tra modification is observed to increase with pT, starting to
be significant at around 1 GeV and reaching a few percent
at around 5 GeV. The modification is found to be most sig-
nificant in the mid-central collisions, decreasing in the most
central ones. The ALICE results suggest that the value of the
correlation coefficient should be significant in mid-central
and central collisions and that its magnitude and centrality
dependence should be sensitive to the scale of intrinsic fluc-
tuations of v2 and pT. Including particles of higher pT in the
measurement is expected to result in increased values of the
ρ(v2{2}2, [pT]). The [pT] correlations with v2 in peripheral
Pb+Pb collisions, v3 and v4 in wide centrality range as well
as for the v2 in high multiplicity p+Pb are unexplored by
measurements.

This paper reports on the first measurement of the ρ coef-
ficient with the ATLAS detector in Pb+Pb and p+Pb colli-
sions at a centre-of-mass energy per nucleon pair of 5.02 TeV.
The Pb+Pb data sample with a total integrated luminosity of
22 μb−1 was collected in 2015, and the p+Pb sample with
28 nb−1 in 2013.

This paper is organised as follows. Section 2 gives a
brief description of the ATLAS detector. Details of the event
selection and charged-particle reconstruction are provided
in Sect. 3. Section 4 describes the analysis procedure for
calculating the ρ coefficient. Systematic uncertainties are
described in Sect. 5 and Appendix A. Results are presented
in Sect. 6, followed by a summary in Sect. 7.

2 Experimental setup

The ATLAS experiment [30] at the LHC is a multipurpose
particle detector with a forward–backward symmetric cylin-
drical geometry and a near 4π solid angle coverage. The inner
detector (ID) covers the pseudorapidity1 range |η| < 2.5 and
is surrounded by a thin superconducting solenoid providing
a 2 T axial magnetic field. The ID consists of silicon pixel,
silicon microstrip (SCT), and straw tube tracking detectors.
After the 2013 p+Pb run, an additional pixel silicon layer,
the insertable B-layer [31,31,32], was installed prior to the
5.02 TeV Pb+Pb data-taking to attain more precise track-

1 ATLAS uses a right-handed coordinate system with its origin at the
nominal interaction point (IP) in the centre of the detector and the z-axis
along the beam pipe. The x-axis points from the IP to the centre of the
LHC ring, and the y-axis points upward. Cylindrical coordinates (r, φ)

are used in the transverse plane, φ being the azimuthal angle around the
z-axis. The pseudorapidity is defined in terms of the polar angle θ as
η = − ln tan(θ/2).
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ing. Lead/liquid-argon (LAr) sampling calorimeters provide
electromagnetic (EM) energy measurements with high gran-
ularity. A steel/scintillator tile hadronic calorimeter covers
the central pseudorapidity range (|η| < 1.7). The endcap
and forward regions are instrumented with LAr calorimeters
for EM and hadronic energy measurements up to |η| = 4.9.
The forward calorimeter (FCal) covers 3.2 < |η| < 4.9
and is used for centrality estimation [10]. The minimum-
bias trigger scintillators (MBTS) are located on each side of
the detector at z = ±3.6 m and detect charged particles with
2.07 < |η| < 3.86. The zero-degree calorimeter (ZDC),
located in the LHC tunnel and covering |η| > 8.3, is used
for triggering on collision events and pile-up event rejection.
It is calibrated to resolve an individual neutron originating
from the collision spectators.

A two-level trigger system selects events [33,34]. The
level-1 trigger is implemented in hardware and preselects
up to 105 events per second for further decisions by the
high-level trigger (HLT). The software-based HLT tuned for
Pb+Pb collision data selects up to 1000 events per second
for recording. This analysis primarily uses charged-particle
tracks in the ID, but information from the central calorime-
ters and the ZDC is also used for triggering, event selection,
and analysis.

3 Event and track selection

The Pb+Pb data in this analysis were selected using two
mutually exclusive minimum-bias triggers. Events with
semi-central and central collisions were selected if the scalar
sum of transverse energy in the entire ATLAS calorimeter
system exceeded 50 GeV. Peripheral events, i.e. those with
large impact parameter of the colliding Pb nuclei, fail the
50 GeV selection and were instead selected by requiring a
deposition in the ZDC corresponding to at least one neu-
tron and by requiring at least one track reconstructed in the
HLT. Data in this analysis are required to come from peri-
ods when the entire detector was functioning normally. The
events are required to have a reconstructed vertex within
100 mm of the nominal interaction point. The contribution
from events containing more than one inelastic interaction
(pile-up) is studied by exploiting correlations between the
transverse energy measured in the FCal (�EFCal

T ) with the
estimated number of neutrons in the ZDC, and with the num-
ber of tracks associated with a primary vertex [27,35]. The
distribution of �EFCal

T and the distribution of the number of
neutrons in events with more than one collision are broader
than the corresponding distributions in events with only one
collision. Pile-up events are suppressed by rejecting events
with abnormally large values of either �EFCal

T or the number
of neutrons in the ZDC compared with the charged-particle

multiplicity in the event. Approximately 0.2% of the events
are rejected by these requirements.

The p+Pb data in this analysis were selected using
minimum-bias triggers and high-multiplicity triggers (HMT).
The minimum-bias trigger required signals in both sides of
the MBTS system with a timing difference of less than 10 ns
to eliminate non-collision backgrounds. The HMT required
the total transverse energy in the calorimeter at level-one
and the number of ID track candidates reconstructed in the
HLT to be above predefined thresholds. Six combinations
of thresholds were used to optimise data-taking during peri-
ods with different luminosities. Samples of events collected
by these triggers are combined by applying event weights
to reproduce the charged-particle multiplicity distribution of
the minimum-bias trigger. Further details of the data selection
are given in Refs. [22,36]. The average pile-up probability
in the p+Pb dataset is approximately 3% but can be signif-
icantly larger in high-multiplicity events. Events with more
than one reconstructed vertex are removed from the sample.
Similarly to the Pb+Pb dataset, to remove events where the
two interaction vertices are too close to resolve as indepen-
dent ones, the ZDC signal on the Pb fragmentation side is
used. The distribution of the number of neutrons, which is
broader in events with pile-up than that for the events with-
out pile-up is exploited for that purpose [36]. The fraction of
rejected events varies with the event activity and reaches a
maximum of 10% for events with the highest multiplicities.

The analysis for both collision systems is performed in
narrow bins of event activity defined by the charged-particle
multiplicity Nch (described in Sect. 4), which estimates the
collision centrality. In addition, the Pb+Pb results are pre-
sented as a function of collision centrality expressed by
the average number of nucleons participating in the col-
lision, Npart, to allow comparison with theoretical predic-
tions [37]. The centrality is estimated from the �EFCal

T dis-
tribution [6,10] using the Glauber model [38]. The number
of events passing the selection requirements is 1.3 × 108 for
Pb+Pb within the 0–80% centrality interval. For the p+Pb
system, about 0.64 × 108 events enter the analysis.

The charged-particle tracks reconstructed in the ID are
required to satisfy selection criteria in order to suppress
the contribution of incorrectly reconstructed tracks and sec-
ondary products of particle decays. The selection criteria
include the requirement that the number of hits in the pixel
and SCT detectors should be greater than two and eight,
respectively, for the Pb+Pb data and greater than one and six
for the p+Pb data. The track impact parameters relative to the
collision vertex in the transverse direction, |d0|, and longitu-
dinal direction, |z0 sin θ |, are required to be less than 1 mm
for tracks in the Pb+Pb data sample and less than 1.5 mm in
the p+Pb sample. In addition, in p+Pb collisions, the track
impact parameter significances must satisfy |d0/σd0 | < 3
and |z0 sin θ/σz | < 3, where σd0 and σz are the uncertainties
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in d0 and z0 sin θ determined from the covariance matrix of
the track fit. The different selection criteria for Pb+Pb and
p+Pb optimise the performance of the track reconstruction
in differing running conditions.

Corrections needed due to track reconstruction effects are
evaluated using 4×106 Pb+Pb and 107 p+Pb minimum-
bias Monte Carlo (MC) events generated by the HIJING
v1.38b [39] event generator. After the generation, an azimuthal
flow is implemented using the afterburner technique [40],
and the pT spectrum is reweighted to match the data. Gen-
erated events were simulated in the detector by the Geant
4-based [41] ATLAS detector simulation programs [42] and
reconstructed using the same procedures and detector condi-
tions as the data. Track reconstruction corrections are applied
to each selected track using weights to account for the track-
ing efficiency ε and the fake-track fraction f . The efficiency
is defined as the fraction of primary MC charged particles
that are matched to reconstructed tracks, and f is the frac-
tion of tracks that are not matched to primary MC particles or
are produced from random combinations of hits in the ID. A
similar analysis procedure is described in Refs. [10,16]. The
fake-track fraction and tracking efficiency are determined as
functions of the track pT and η and of the track multiplic-
ity in the event. Tracks included in the analysis are weighted
with the factor (1− f )/ε. An additional multiplicative weight
evaluated from data is applied to the data to correct for detec-
tor non-uniformity in the azimuthal angle. These weights are
obtained by requiring the tracks to be distributed uniformly
in azimuth in all pseudorapidity slices of width 0.1.

In the Pb+Pb data, the contribution of fake tracks is
largest in central collisions at the lowest analysed track pT of
0.5 GeV and at the largest |η|, reaching up to 20%. The fake-
track rate is below 1% for tracks with pT above 2 GeV and
|η| < 1.5. The tracking efficiency depends weakly on cen-
trality, and in the most central events it is about 3% less than
in more peripheral events. The efficiency increases with the
track pT from about 50% at the lowest analysed pT to 70%
above 2 GeV. It is highest at mid-rapidity and drops by about
15% for |η| > 1. For p+Pb collisions, with pT increasing
from 0.3 to 1 GeV the efficiency increases from about 75%
(60%) to 83% (70%) at η ≈ 0 (|η| > 2). The p+Pb track-
ing efficiency is independent of the event’s multiplicity for
Nch ≥ 10, i.e. in the multiplicity range used in the analysis.
The fake rate in p+Pb collisions is very low, below 1% (3%)
at η ≈ 0 (|η| > 2).

4 Correlation coefficient ρ

In each event, charged-particle tracks are grouped into three
regions of subevents based on their pseudorapidity: region
A with −2.5 < η < −0.75, central region B with |η| <

0.5 and region C with 0.75 < η < 2.5. The v2
n for the

n = 2–4 harmonics are calculated by correlating charged-
particle tracks from subevents A and C, which are separated
in pseudorapidity to suppress non-flow contributions. Tracks
in central region B are used to obtain the mean value of the
charged-particle transverse momentum in the event, [pT],
defined as

[pT] = 1
∑

b wb

∑

b

wb pTb

where the summation is over tracks in region B, labelled by
index b. The variable ck (Eq. (3)) is also calculated using
tracks from region B. Here, and in following formulas, the
weights w include the fake-track fraction, efficiency, and
azimuthal non-uniformity corrections, as discussed in Sect. 3.

The covariance term from the numerator of Eq. (4) is
defined as

cov(vn{2}2, [pT])

= Re

(〈
1

∑
a,c wawc

∑

a,c

wawceinφa−inφc ([pT] − 〈[pT]〉)
〉)

,

(5)

where φ is the azimuthal angle and indices a and c span the
tracks in regions A and C, respectively.

The two- and four-particle correlations used to define the
dynamical variance in Eq. (2), which enters the denominator
of Eq. (4), are calculated as in Ref. [26]

〈corrn{2}〉 = Re

(〈
1

∑
a,c wawc

∑

a,c

wawce
inφa−inφc

〉)

= Re
(〈qn,aq

∗
n,c〉

)
(6)

where the qa and qc are the complex flow vectors of subevent
A and subevent C, respectively, and the asterisk denotes the
complex conjugate. The flow vectors are

qn,a = 1
∑

a wa

∑

a

waeinφa and qn,c = 1
∑

c wc

∑

c

wceinφc .

The four-particle correlation is obtained from the expression

〈corrn{4}〉 = Re

(〈
(Q2

n,a − Q2n,a)(Q2
n,c − Q2n,c)

∗

SaSc

〉)

,

(7)

where for subevent A

Qn,a =
∑

a

waeinφa , Q2n,a =
∑

a

w2
aei2nφa ,

Sa =
(

∑

a

wa

)2

−
∑

a

wa
2,
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and similarly for subevent C. Equation (7) represents the sum∑
ein(φa

1 +φa
2 −φc

3−φc
4) over all particles from subevents A and

C normalised by the number of quadruplets without auto-
correlations in each subevent.

The second factor in the denominator of Eq. (4), the mean
pT fluctuation in the event class ck , is defined by Eq. (3) and
in this analysis it is calculated as

ck =
〈

1

(
∑

b wb)2 − ∑
b w2

b

∑

b

∑

b′ �=b

wb(pT,b

−〈[pT]〉)wb′(pT,b′ − 〈[pT]〉)
〉

.

The summation indices b and b′ run over all charged particles
in region B.

The correlation coefficient expressed by Eq. (4) is evalu-
ated for the range 0.5 < pT < 2 GeV in Pb+Pb collisions
and 0.3 < pT < 2 GeV in p+Pb collisions. These intervals,
called ‘main’, contain a large number of soft particles and
constitute the main result of the analysis which can be com-
pared with hydrodynamical models. For each system, two
additional pT ranges are considered: 0.5 < pT < 5 GeV
and 1 < pT < 2 GeV in the analysis of Pb+Pb collisions,
and 0.3 < pT < 5 GeV and 0.5 < pT < 2 GeV in p+Pb
collisions. These ranges facilitate the study of the sensitivity
of ρ(vn{2}2, [pT]) to the high pT part of the particle spec-
trum and to the lower charged-particle multiplicity from the
higher minimum pT value. The charged-particle pT range
0.5 < pT < 2 GeV is common to both systems and can be
used to compare the ρ(v2{2}2, [pT]) results from Pb+Pb and
p+Pb collisions.

The quantities of interest, i.e. cov(vn{2}2, [pT]),
Var

(
vn{2}2

)
dyn, ck , and ρ(vn{2}2, [pT]), are determined in

bins of reconstructed track multiplicity MAC measured in
the combination of regions A and C. This is done to avoid
a negative correlation between the multiplicity in subevents
A+C and B that occurs if the analysis is binned in multiplicity
in the entire ID. Narrow MAC bins are also chosen due to the
sensitivity to multiplicity fluctuations of the multi-particle
correlations that are used to obtain the Var

(
vn{2}2

)
dyn [27].

The events are grouped in fine bins with a width of ten in
MAC for 0.5 < pT < 5 GeV in the Pb+Pb analysis and
0.3 < pT < 5 GeV in the p+Pb analysis. It was cross-
checked that the variables of interest obtained with a finer
binning in MAC are consistent with the measurement with
the nominal binning.

To enable comparisons with the theoretical predictions
and with future experimental results, measurements obtained
in MAC are presented as a function of the ATLAS ID multi-
plicity Nch of 0.5 < pT < 5 GeV and |η| < 2.5. They are
projected from the MAC values taking into account tracking
efficiency and fake-track production as described in the pre-

vious section. A similar analysis procedure is described in
Ref. [22]. For the Npart dependencies in the Pb+Pb system,
the results measured in MAC multiplicity intervals are aver-
aged, with weights equal to the probabilities to find any given
MAC value in the centrality intervals.

The formulation of the modified PCC ρ(vn{2}2, [pT])
requires that there should be at least two tracks in each region
(A, B, and C). Further, Var

(
vn{2}2

)
dyn calculated according

to Eq. (6) can be negative at low multiplicities due to statisti-
cal fluctuations, which renders Eq. (4) invalid because of the√

Var
(
vn{2}2

)
dyn term. For each MAC bin, pT interval, and

harmonic, a criterion is applied that Var
(
vn{2}2

)
dyn needs to

be positive at a level of at least one standard deviation of
its statistical uncertainty. Results presented as a function of
Nch are produced only for those MAC intervals. For the Npart

dependencies in the Pb+Pb system, it is additionally required
for each centrality interval that the fraction of rejected events
due to this criterion does not exceed 1%.

5 Systematic uncertainties

The systematic uncertainty is estimated by varying individual
aspects of the analysis. The systematic uncertainties for the
main pT interval are discussed for each collision system.
Systematic uncertainties for the other pT intervals behave
consistently with the ones for the main pT interval. Since the
modified PCC ρ(vn{2}2, [pT]) is a ratio of quantities which
are calculated using tracks, many variations largely cancel
out and the resulting systematic uncertainties are small. To
suppress the statistical fluctuations and to get more robust
estimation of systematic uncertainties, they are averaged over
several, wide ranges of the charged-particle multiplicity. For
each uncertainty source and for each measurement point, the
maximum variation from the baseline measurement is used.
The total resulting uncertainty is the sum of the individual
contributions combined in quadrature. The following sources
of systematic uncertainties are considered.

Track selection The tracking performance has a relatively
small impact on vn{2}, but it directly affects the [pT] and
ckvia the admixture of the fake tracks, especially at low pT.
To assess the impact on ρ(vn{2}2, [pT]), the measurement
is repeated with tracks selected with looser and tighter track
quality criteria, thus increasing and decreasing the fake-track
rate, respectively. The weights used in the evaluation of mea-
sured quantities take the modified selection into account. The
loose track selection in the Pb+Pb analysis relaxes require-
ments on the number of pixel and SCT hits to at least one
and six, respectively. Additionally, the requirements on the
transverse and longitudinal impact parameters of the track
are relaxed to 1.5 mm. The tighter selection in the Pb+Pb
analysis tightens the requirement on the transverse and lon-
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gitudinal impact parameters of the track to 0.5 mm. For the
p+Pb analysis, the loose selection relaxes the requirements
on the transverse and longitudinal impact parameters of the
track to 2 mm and on the impact parameter significances
to less than 4. In the tight selection, the impact parame-
ter values and their significances must be less than 1 mm
and 2, respectively. For each of the two track selections the
absolute difference is calculated with respect to the baseline
measurement: |ρ(vn{2}2, [pT])base−ρ(vn{2}2, [pT])loose| or
|ρ(vn{2}2, [pT])base − ρ(vn{2}2, [pT])tight|. The largest dif-
ference is taken as a systematic uncertainty.

Detector material Since the tracks that are used in the cal-
culation of ρ(vn{2}2, [pT]) are weighted by the inverse of
the tracking efficiency, a bias in its estimation due to inac-
curate modelling of the material in the detector may change
the balance between low- and high-pT tracks in the sums.
Based on simulations, the estimated uncertainty in the detec-
tor description is obtained [43,44]. The resulting pT- and
η-dependent uncertainties in the track efficiency of up to 4%
are used to determine the systematic uncertainty.

Tracking azimuthal uniformity In this analysis, the weight-
ing factors w correct for any non-uniformity in the azimuthal
angle distribution of reconstructed tracks. The weights are
obtained from the data by requiring azimuthal uniformity
over the two-dimensional distribution of reconstructed tracks
in the η–φ plane. The effect of that correction on the result
is conservatively estimated by comparing the baseline mea-
surement and the measurement obtained without applying
this weight. The uncertainty is small, and it envelopes poten-
tial effects of imperfections in the weighting factors determi-
nation, including their dependence on the transverse momen-
tum, collision centrality, run-by-run differences, on dead
module maps or the vertex position.

Residual pile-up events The selection criteria discussed in
Sect. 3 suppress the fraction of pile-up events accepted for
analysis to almost zero in central Pb+Pb collisions. To esti-
mate the systematic uncertainty related to pile-up, the mea-
surement is conservatively repeated without this event rejec-
tion, resulting in at most a 1% difference in the most central
Pb+Pb events for the ρ(v2{2}2, [pT]) coefficient. The p+Pb
data were taken with higher pile-up than the Pb+Pb data.
To estimate the impact of contamination by residual pile-up
events, p+Pb results were obtained with only the vertex crite-
ria applied. The variation covers the estimated residual pile-
up fraction in events of the highest track multiplicity [36].

Centrality selection The minimum-bias trigger is fully effi-
cient for the 0–85% centrality interval. However, the total
fraction of inelastic Pb+Pb events selected is known only to
1% accuracy due to trigger inefficiency and possible sample
contamination in more peripheral interactions. The central-
ity is estimated using the �EFCal

T distribution [6,10] and the

Glauber model [38] to obtain the mapping from the observed
�EFCal

T to the number of nucleons participating in the col-
lision, Npart. The modified PCC uncertainty is evaluated by
repeating the analysis with the altered centrality selections on
the �EFCal

T distribution, which results in ±1% uncertainty
in the total fraction of inelastic Pb+Pb events. The centrality
selection contributes mainly to uncertainties for peripheral
collisions.

Figure 1 shows the magnitude of the systematic uncer-
tainties δρ(vn{2}2, [pT]) for n = 2 − 4 in Pb+Pb collisions
as a function of Nch. In Pb+Pb collisions, the systematic
uncertainty of the measured correlation coefficients across
different order harmonics and centralities is not dominated
by a single source. One of the largest uncertainties comes
from restoring the azimuthal uniformity, and dominates for
the second order harmonic in the most central collisions and
for the third and fourth order harmonics almost over the full
centrality range. A sizeable contribution to the uncertainty for
all three harmonics is due to the track selection. The impact
of the detector material is rather small except for a significant
contribution for the forth order harmonic in the most central
events. The residual pile-up in Pb+Pb collisions gives a negli-
gible contribution. Figure 1d shows systematic uncertainties
for ρ(v2{2}2, [pT]) coefficients in p+Pb collisions for the
main interval of 0.3 < pT < 2 GeV as a function of event
activity. In p+Pb interactions the largest uncertainty in the
most active collisions (Nch > 150) originates from pile-up.
The track selection is a source of sizeable uncertainty for this
collision system, while the azimuthal uniformity correction
procedure and the detector material have a small impact.

Details on the contributions to systematic uncertainties
from different sources of ck , Var

(
vn{2}2

)
dyn and

cov(vn{2}2, [pT]) are included in the Appendix.

6 Results

6.1 The constituents of the modified PCC

The constituents of the modified PCC, ck , Var
(
vn{2}2

)
dyn

and cov(vn{2}2, [pT]) and are combined, using Eq. (4), to
obtain ρ. Figure 2 shows the dynamical pT fluctuation coef-
ficient ck as a function of charged-particle multiplicity in
Pb+Pb and p+Pb collision systems for tracks in three dif-
ferent pT intervals. A strong decrease of ck with increasing
Nch is observed in all measured results. A similar decrease
was seen for ck in Au+Au and Pb+Pb data at lower centre-
of-mass energies [28,29], evaluated for lower pT range,
0.15 < pT < 2 GeV, not accessible with the ATLAS detec-
tor. For the same Nch, the ck values differ by an order of
magnitude for different pT ranges of tracks used in the anal-
ysis. For the intervals with the same lower pT limit, the ck
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Fig. 1 The systematic
uncertainty of ρ(vn{2}2, [pT])
as a function of Nch measured
with tracks from main pT
intervals for each collision
system for the a second, b third,
and c fourth harmonics in
Pb+Pb collisions, and for d
ρ(v2{2}2, [pT]) in p+Pb
collisions. The total uncertainty
is also shown
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Fig. 2 The variable ck for three
pT ranges as a function of the
charged-particle multiplicity
Nch of a Pb+Pb and b p+Pb
collisions. The statistical and
systematic uncertainties are
shown as vertical error bars
(smaller than symbols) and
boxes, respectively
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values are higher for the interval with the larger upper pT

limit.
Figure 3 shows Var

(
vn{2}2

)
dyn for n = 2 − 4 as func-

tion of Nch for Pb+Pb collisions. For low multiplicities,
Var

(
vn{2}2

)
dyn increases with increasing Nch, reaching a

maximum at Nch of approximately 500 (1000) for n =
2 (n = 3), respectively. At higher Nch values the vari-
ances decrease with multiplicity. The dynamical variance for
n = 4, measured for Nch � 500, decreases with increas-

ing Nch. The ordering Var
(
v2{2}2

)
dyn > Var

(
v3{2}2

)
dyn >

Var
(
v4{2}2

)
dyn and the multiplicity dependence of

Var
(
vn{2}2

)
dyn are similar to the ordering and centrality

dependence of vn{2} measured by ATLAS [10]. Also shown
in Fig. 3 is Var

(
v2{2}2

)
dyn for p+Pb collisions as a function of

Nch. The dependence is monotonic, similarly to v2{2} [45].
In both collision systems and for all harmonics, the same
ordering of Var

(
vn{2}2

)
dyn depending on the pT interval is
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Fig. 3 The variance
Var

(
vn{2}2

)
dyn for n = 2 − 4

for a–c Pb+Pb collisions and
Var

(
v2{2}2

)
dyn for d p+Pb

collisions for the three pT
intervals as a function of
charged-particle multiplicity
Nch. The statistical and
systematic uncertainties are
shown as vertical error bars and
boxes, respectively
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observed. The largest variances are observed for the pT inter-
vals with an increased lower limit. This is expected as the
vn{2} value increases strongly with pT below 3 GeV [10].
Additionally, the interval in which the upper limit on pT is
set to 5 GeV integrates the region with the highest values of
vn{2} (which occur around 3 GeV) and thus the values of the
variance are expected to be larger than that for the main pT

range.
In Fig. 4, the covariances cov(vn{2}2, [pT]) are shown

for the 2nd-, 3rd-, and 4th-order harmonics in Pb+Pb colli-
sions and for the second-order harmonics in p+Pb collisions.
They are presented as a function of Nch for three pT inter-
vals. Significant positive correlations between vn{2} and [pT]
are observed in the Pb+Pb events. The measured covariances
depend on the charged-particle multiplicity and the pT range
of the charged particles. In Pb+Pb collisions, a strong depen-
dence on the multiplicity is observed for n = 2 and 4. The
cov(v3{2}2, [pT]) depends only weakly on Nch. A negative
cov(v2{2}2, [pT]) is measured at multiplicities Nch < 200
and a negative cov(v3{2}2, [pT]) for 1 < pT < 2 GeV
below Nch < 1800. The covariances cov(v2{2}2, [pT]) in
p+Pb events are negative in the entire measured Nch range
and show weak Nch dependence. Unlike in Pb+Pb events, the

cov(v2{2}2, [pT]) in p+Pb events have similar magnitudes
for different pT intervals.

6.2 The modified PCC

The modified PCC ρ(vn{2}2, [pT]) for n = 2 − 4 in Pb+Pb
collisions and for n = 2 in p+Pb collisions is shown in
Fig. 5. In Pb+Pb collisions, the behaviour of ρ(v2{2}2, [pT])
is similar for all pT intervals. It starts at negative val-
ues for Nch < 200 and rapidly increases with multiplic-
ity up to ∼ 1500 particles where the increase slows down
and reaches the maximum at Nch ≈ 4500 of 0.24–0.3,
depending on the pT interval. At even higher Nch, the
ρ(v2{2}2, [pT]) value decreases rapidly. The significant cor-
relation observed for mid-central events suggests a connec-
tion between anisotropic and radial [46] flows which might
be attributed to stronger hydrodynamic response (larger pres-
sure gradients) to the large initial-state eccentricities [47].
The modified PCC multiplicity dependence could reflect a
balance between stronger radial flow observed in central
collision and the larger initial eccentricity seen in periph-
eral interactions. The decrease observed in central collisions,
for Nch � 5000, might be related to the increased role of
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Fig. 4 The covariance
cov(vn{2}2, [pT]) for n = 2 − 4
in a–c Pb+Pb collisions and
cov(v2{2}2, [pT]) in d p+Pb
collisions for three pT ranges as
a function of the
charged-particle multiplicity
Nch. The statistical and
systematic uncertainties are
shown as vertical error bars and
boxes, respectively
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initial-state fluctuations in anisotropic flow [27]. However, a
complete understanding of this effect would require a more
precise modelling of heavy ion collisions. The correlation
coefficients calculated with the upper pT limit of 2 GeV are
10–20% smaller than the values obtained with a pT limit of
5 GeV. The correlation coefficient ρ(v3{2}2, [pT]) is evalu-
ated in Pb+Pb collisions for the same three pT ranges. The
magnitudes measured for ρ(v3{2}2, [pT]) are significantly
smaller than those measured for ρ(v2{2}2, [pT]) and simi-
lar to the magnitudes of ρ(v4{2}2, [pT]). All three curves
increase with Nch in the range of 1000 < Nch < 5000. At low
values of Nch, a flattening of the trend can be noticed. In the
most central collisions, a breakdown of the rise is seen, sim-
ilarly to the ρ(v2{2}2, [pT]). Above Nch ∼ 1500, the curves
for the two intervals with the same maximum pT are consis-
tent with each other and are below the curve for the interval
which uses tracks with pT up to 5 GeV. The largest values of
ρ(v4{2}2, [pT]) are observed at Nch ≈ 1000. For high Nch,
ρ(v4{2}2, [pT]) decreases with Nch up to about Nch ≈ 4000
and rises slowly at higher values. The trends obtained for pT

intervals with the same minimum value are consistent above
Nch ∼ 1500 as is the case for ρ(v3{2}2, [pT]). The decrease
for Nch < 4000 might be due to a contribution to v4 from

a non-linear term containing v2
2, decreasing with increasing

centrality [13]. However, a theoretical modelling of the initial
state and its subsequent evolution would be required to sup-
port this interpretation. Similarly to the ρ(v3{2}2, [pT]), the
ρ(v4{2}2, [pT]) correlations measured with the larger upper
pT limit have larger magnitudes. The results for the larger
upper pT limit show the sensitivity of the ρ(vn{2}2, [pT])
coefficients to the high pT part of the particle spectrum con-
taminated with non-flow correlations from jets. On the other
hand, the correlations measured for the intervals with fixed
upper pT limit (2 GeV) and varied lower pT limits are similar,
demonstrating insensitivity of the modified PCC coefficients
to a significant change of the event charged-particle mul-
tiplicity as expected [25]. The fourth-order correlations are
weaker than those for the second-order flow harmonic and for
Nch > 4000 are comparable to ρ(v3{2}2, [pT]). The results
for all harmonics indicate a change in the trend in events with
high Nch around 4500, which suggests a change in the nature
of the correlations in those events [47].

In p+Pb collisions, ρ(v2{2}2, [pT]) exhibits much weaker
Nch dependence than that in Pb+Pb collisions. For the main
pT interval, the modified PCC assumes a negative value of
approximately −0.1 and is almost constant within uncertain-

123



  985 Page 10 of 29 Eur. Phys. J. C           (2019) 79:985 

Fig. 5 The PCC
ρ(vn{2}2, [pT])) for n = 2 − 4
in a–c Pb+Pb collisions and d
p+Pb collisions as a function of
the charged-particle multiplicity
Nch for three pT ranges. The
statistical and systematic
uncertainties are shown as
vertical error bars and boxes,
respectively
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ties. Values for different lower pT limits are similar, and the
ρ(v2{2}2, [pT]) magnitudes for the larger upper pT limit are
smaller. The magnitude (and sign) of the modified PCC in
p+Pb collisions is expected to be related to the distribution
of the energy deposition in the initial state, as predicted by
the hydrodynamic model [25]. In hydrodynamics, in p+Pb
collision, for small sources a higher initial pressure gradients
and smaller eccentricities are expected to be generated. This
mechanism could lead to the negative correlation of the final
state observables, this is the mean transverse momentum and
higher order flow harmonics. Thus, the negative value of the
modified PCC for v2{2} in p+Pb and peripheral Pb+Pb that
is measured should provide valuable constraints for models
describing the collectivity in small systems.

6.3 Comparison of p+Pb and Pb+Pb results

Figure 6 shows a comparison of p+Pb and Pb+Pb results
shown in Figs. 2, 3, 4, 5 for the common pT interval of
0.5 < pT < 2 GeV. The values of the ck (Fig. 6a) are similar
for p+Pb and Pb+Pb collisions in this pT interval, while the
behaviour of the dynamical variance Var

(
v2{2}2

)
dyn (Fig. 6b)

is very different due to the different initial eccentricities in the

overlap regions in Pb+Pb and p+Pb collisions. Only a small
rise with the multiplicity is observed for p+Pb collisions,
which is in agreement with a slow increase of v2{2} with
growing event activity [22,36,45]. For Nch ≈ 50, the dynam-
ical variances are comparable between Pb+Pb and p+Pb col-
lisions. The Nch dependence of cov(v2{2}2, [pT]) is signif-
icantly different for Pb+Pb and p+Pb collisions. A steady
rise from negative to positive values with Nch is observed
for peripheral Pb+Pb collisions, and approximately constant
values are obtained for p+Pb collisions. The Nch depen-
dence of ρ(v2{2}2, [pT]) is different for the two collision
systems. Much weaker Nch dependence of modified PCC
is observed in p+Pb collisions compared to Pb+Pb colli-
sions. For Nch < 100 the values of ρ(v2{2}2, [pT]) are con-
sistent between Pb+Pb and p+Pb collisions. The negative
ρ(v2{2}2, [pT]) coefficients for the small systems in p+Pb
and Pb+Pb collisions may suggest a more compact source
model [25]. The comparison of the systems underlines the
importance of the initial stage in the correlations described by
the ρ(v2{2}2, [pT]) coefficient. The theoretical predictions
for midcentral and central Pb+Pb collisions suggests that for
a large system an increase of the mean transverse momentum
indicates a stronger transverse flow and a stronger collective
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Fig. 6 Comparison of a ck , b
Var

(
v2{2}2

)
dyn, c

cov(v2{2}2, [pT]), and the d
ρ(v2{2}2, [pT]) for the range
0.5 < pT < 2 GeV as a function
of the charged-particle
multiplicity Nch. The statistical
and systematic uncertainties are
shown as vertical error bars and
boxes, respectively
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response to the initial geometry of the source, characterized
by the positive value of the modified PCC.

6.4 Comparison to theoretical predictions

To compare the Pb+Pb results with a theoretical predic-
tion in Ref. [25], the ρ(vn{2}2, [pT]) coefficients for 0.5 <

pT < 2 GeV are obtained as a function of centrality intervals
expressed by Npart using the procedure described in Sect. 4.
Figure 7 shows the Npart dependence of ρ(vn{2}2, [pT]) for
n = 2 − 4 in Pb+Pb collisions. It resembles the trends
observed in Fig. 5, which show the modified PCC as a func-
tion of Nch, a measure of event activity. The theoretical pre-
dictions of the ρ(vn{2}2, [pT]) coefficient are based on a
model in which the initial conditions were generated with
nucleon positions by a MC Glauber model [48]. These initial
conditions are then evolved using the pressure-driven 3+1D
hydrodynamical simulations with viscous effects followed
by the statistical particle emission to match multiplicities
observed experimentally [37]. The modified Pearson corre-
lation coefficient is then extracted from the final-state parti-
cles. The predictions for all harmonics are consistent with the

data within the large model uncertainties except for the most
central collisions where the predictions underestimate the
measured ρ(v2{2}2, [pT]) and for the semi-peripheral colli-
sions, for Npart ∼ 130, where the predictions overestimate
the ρ(v2{2}2, [pT]) and underestimate ρ(v4{2}2, [pT]).

7 Summary

The first measurement of the modified PCC ρ(vn{2}2, [pT]),
which quantifies the correlation between the flow harmonics
and the mean transverse momentum, is performed by ATLAS
experiment at the LHC. The measurement uses 22 μb−1 of
Pb+Pb data and 28 nb−1 of p+Pb data at the same centre-of-
mass energy per nucleon pair of 5.02 TeV.

The correlation coefficient for several charged-particle pT

ranges is measured as a function of the number of charged
particles Nch and, in Pb+Pb collisions, the average num-
ber of nucleons participating in the collision, Npart. For the
2nd-, 3rd-, and 4th-order harmonics, the measured quantities
exhibit a dependence on the choice of charged-particle pT

range. Measurements with an upper limit of 5 GeV on pT

indicate a stronger correlation than those with an upper limit
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Fig. 7 The PCC
ρ(vn{2}2, [pT]) for a n = 2, b
n = 3, and c n = 4 in Pb+Pb
collisions as a function of Npart
for three pT ranges. The
statistical and systematic
uncertainties are shown as
vertical error bars and boxes,
respectively. A comparison with
model predictions [37] is also
shown with a line added to
guide the eye
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of 2 GeV. For mid-central and central collisions, when vary-
ing the lower pT limit, consistent values of ρ(v3{2}2, [pT])
and ρ(v4{2}2, [pT]) coefficients are obtained, whereas for
the ρ(v2{2}2, [pT]) coefficient a difference of 10–20% is
seen. As a function of event activity, for Pb+Pb collisions,
a strong positive correlation ρ(v2{2}2, [pT]) is observed
in mid-central and central collisions while negative val-
ues are measured for peripheral events. The correlation
ρ(v3{2}2, [pT]) is found to be weaker, yet non-zero. The val-
ues of ρ(v4{2}2, [pT]) are also positive in the studied central-
ity range. Non-monotonic behaviour is observed in central
Pb+Pb collisions. That trend observed for ρ(v2{2}2, [pT]) in
Pb+Pb collisions is in line with expectations drawn from
the ALICE results [20]. In p+Pb collisions, the value of
ρ(v2{2}2, [pT]) is negative and approximately independent
of Nch.

The modified PCC is a valuable tool for studying the
dynamics of heavy-ion collisions. It provides a reliable esti-
mate of the magnitude of correlations calculated using finite
multiplicities. In comparison with existing results, it allows
quantitative comparisons between the experimental data and
theoretical models. The precise measurements of this observ-
able, presented in this paper, provide useful insights into
the interplay of the azimuthal anisotropies (azimuthal flow)

and the mean event pT (radial flow), providing input for a
better understanding of QGP dynamics and for constrain-
ing the theoretical models. The obtained ρ(vn{2}2, [pT])
coefficients for 0.5 < pT < 2 GeV were compared with
a theoretical prediction based on the pressure-driven 3+1D
hydrodynamical simulations with viscous effects. The pre-
dictions for all harmonics are consistent with the data within
the large model uncertainties. The only exception are the
most central collisions, where the predictions underestimate
the measured ρ(v2{2}2, [pT]) and the semi-peripheral colli-
sions, where the predictions overestimate the ρ(v2{2}2, [pT])
and underestimate ρ(v4{2}2, [pT]). Sizeable positive corre-
lations observed for non-peripheral Pb+Pb collisions support
a qualitatively expected scenario in which the azimuthal flow
originates from the pressure gradients.

In small system collisions the magnitude of the transverse
flow is expected to be very sensitive to the size of the initial
source in the hydrodynamic model. In particular, in the com-
pact source scenario in p+Pb collisions, the smaller source
sizes are expected to yield larger transverse flow and smaller
initial eccentricities. The negative sign of the modified PCC
measured in p+Pb collisions seems to support the compact
source scenario, and indicates the role of the initial conditions
in these systems.
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Appendix

A Systematic uncertainty of ck , Var
(
vn{2}2

)
dyn and

cov(vn{2}2, [pT])

This section presents the systematic uncertainties of ck ,
Var

(
vn{2}2

)
dyn and cov(vn{2}2, [pT]) for the Pb+Pb and

p+Pb collisions at 5.02 TeV as a function of Nch. Each fig-
ure shows individual contributions to the total uncertainty
from sources described in Sect. 5, i.e. track selection, detec-
tor material, tracking azimuthal non-uniformity and residual
pile-up events. Figure 8 shows contributions to the system-
atic uncertainty of ck measured with tracks from the main
pT intervals in Pb+Pb and p+Pb collisions. The contribu-
tions to the systematic uncertainty of Var

(
vn{2}2

)
dyn as a

function of Nch for each collision system for the second,
third, and fourth order harmonics in Pb+Pb collisions, and
for Var

(
v2{2}2

)
dyn in p+Pb collisions are shown in Fig. 9.

Figure 10 presents the corresponding systematic uncertainty
of cov(vn{2}2, [pT]) for the second, third, and fourth order
harmonics in Pb+Pb collisions, and for cov(v2{2}2, [pT]) in
p+Pb collisions.

Fig. 8 The systematic
uncertainty of ck as a function of
Nch measured with tracks from
main pT intervals in a Pb+Pb
collisions and in b p+Pb
collisions. The total uncertainty
is also shown
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Fig. 9 The systematic
uncertainty of Var

(
vn{2}2

)
dyn as

a function of Nch measured with
tracks from main pT intervals
for each collision system for the
a second, b third, and c fourth
order harmonics in Pb+Pb
collisions, and for d
Var

(
v2{2}2

)
dyn in p+Pb

collisions. The total uncertainty
is also shown
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Fig. 10 The systematic
uncertainty of cov(vn{2}2, [pT])
as a function of Nch measured
with tracks from main pT
intervals for each collision
system for the a second, b third,
and c fourth order harmonics in
Pb+Pb collisions, and for d
cov(v2{2}2, [pT]) in p+Pb
collisions. The total uncertainty
is also shown

0 2000 4000
chN

0

0.2

0.4

0.6

0.8

16
 1

0
×

])| Tp,[2
{2

}
2v(

co
v

δ|

total uncertainty
track selection
detector material
pile-up
azimuthal uniformity

ATLAS
-1bμPb+Pb, 5.02 TeV, 22 

 < 2 GeV
T

p0.5 < 

0 2000 4000
chN

0

0.01

0.02

0.03

0.04

0.05

0.066
 1

0
×

])| Tp,[2
{2

}
3v(

co
v

δ|

ATLAS
-1bμPb+Pb, 5.02 TeV, 22 

 < 2 GeV
T

p0.5 < 

(b)(a)

0 2000 4000
chN

0

0.01

0.02

0.03

0.04

0.05

0.066
 1

0
×

])| Tp,[2
{2

}
4v(

co
v

δ|

ATLAS
-1bμPb+Pb, 5.02 TeV, 22 

 < 2 GeV
T

p0.5 < 

50 100 150 200 250
chN

0

0.5

1

1.5

26
 1

0
×

])| Tp,[2
{2

}
2v(

co
v

δ|

ATLAS
-1+Pb, 5.02 TeV, 28 nbp

 < 2 GeV
T

p0.3 < 

(d)(c)

123



Eur. Phys. J. C           (2019) 79:985 Page 15 of 29   985 

References

1. PHOBOS Collaboration, The PHOBOS perspective on discoveries
at RHIC. Nucl. Phys. A 757, 28 (2005). arXiv:nucl-ex/0410022

2. STAR Collaboration, Experimental and theoretical challenges in
the search for the quark gluon plasma: The STAR Collaboration’s
critical assessment of the evidence from RHIC collisions. Nucl.
Phys. A 757, 102 (2005). arXiv:nucl-ex/0501009

3. BRAHMS Collaboration, Quark gluon plasma and color glass con-
densate at RHIC? The Perspective from the BRAHMS experiment.
Nucl. Phys. A 757, 1 (2005). arXiv:nucl-ex/0410020

4. PHENIX Collaboration, Formation of dense partonic matter in rel-
ativistic nucleus-nucleus collisions at RHIC: Experimental evalua-
tion by the PHENIX collaboration. Nucl. Phys. A 757, 184 (2005).
arXiv:nucl-ex/0410003

5. ALICE Collaboration, Elliptic flow of charged particles in Pb–Pb
collisions at

√
sNN = 2.76 T eV . Phys. Rev. Lett. 105, 252302

(2010). arXiv:1011.3914 [nucl-ex]
6. ATLAS Collaboration, Measurement of the pseudorapidity and

transverse momentum dependence of the elliptic flow of charged
particles in lead–lead collisions at

√
sNN = 2.76 TeV with the

ATLAS detector. Phys. Lett. B 707, 330 (2012). arXiv:1108.6018
[hep-ex]

7. ATLAS Collaboration, Measurement of the azimuthal anisotropy
for charged particle production in

√
sNN = 2.76 TeV lead–lead col-

lisions with the ATLAS detector. Phys. Rev. C 86, 014907 (2012).
arXiv:1203.3087 [hep-ex]

8. CMS Collaboration, Measurement of the elliptic anisotropy of
charged particles produced in PbPb collisions at

√
sNN = 2.76

TeV. Phys. Rev. C 87, 014902 (2013). arXiv:1204.1409 [hep-ex]
9. J. Schukraft, QM2017: status and key open questions in ultra-

relativistic heavy-ion physics. Nucl. Phys. C 967, 1 (2017).
arXiv:1705.02646 [nucl-ex]

10. ATLAS Collaboration, Measurement of the azimuthal anisotropy
of charged particles produced in

√
sNN = 5.02 TeV Pb+Pb col-

lisions with the ATLAS detector. Eur. Phys. J. C 78, 997 (2018).
arXiv:1808.03951 [nucl-ex]

11. S. Ryu et al., Importance of the bulk viscosity of QCD in ultrarela-
tivistic heavy-ion collisions. Phys. Rev. Lett. 115, 132301 (2015).
arXiv:1502.01675 [nucl-th]

12. Z. Qiu, U. Heinz, Hydrodynamic event-plane correlations in Pb +
Pb collisions at

√
s = 2.76 ATeV. Phys. Lett. B 717, 261 (2012).

arXiv:1208.1200 [nucl-th]
13. ATLAS Collaboration, Measurement of the correlation between

flow harmonics of different order in lead–lead collisions at
√
sNN =

2.76 TeV with the ATLAS detector. Phys. Rev. C 92, 034903
(2015). arXiv:1504.01289 [hep-ex]

14. D. Teaney, L. Yan, Triangularity and dipole dsymmetry in rel-
ativistic heavy ion collisions. Phys. Rev. C 83, 064904 (2011).
arXiv:1010.1876 [nucl-th]

15. R.S. Bhalerao, J.-Y. Ollitrault, S. Pal, Characterizing flow fluctua-
tions with moments. Phys. Lett. B 742, 94 (2015). arXiv:1411.5160
[nucl-th]

16. ATLAS Collaboration, Measurement of the distributions of event-
by-event flow harmonics in lead–lead collisions at

√
sNN =

2.76 TeV with the ATLAS detector at the LHC. JHEP 11 183
(2013). arXiv:1305.2942 [hep-ex]

17. PHENIX Collaboration, Multiparticle azimuthal correlations for
extracting event-by-event elliptic and triangular flow in Au + Au
collisions at

√
sNN = 200 GeV. Phys. Rev. C 99, 024903 (2019).

arXiv:1804.10024 [nucl-ex]
18. PHOBOS Collaboration, Non-flow correlations and elliptic flow

fluctuations in Au + Au collisions at
√
sNN = 200 GeV. Phys.

Rev. C 81, 034915 (2010). arXiv:1002.0534 [nucl-ex]

19. J. Schukraft, A. Timmins, S. Voloshin, Ultra-relativistic nuclear
collisions: event shape engineering. Phys. Lett. B 719, 394 (2013).
arXiv:1208.4563 [nucl-ex]

20. ALICE Collaboration, Event-shape engineering for inclusive spec-
tra and elliptic flow in Pb-Pb collisions at

√
sNN = 2.76 TeV. Phys.

Rev. C 93, 034916 (2016). arXiv:1507.06194 [hep-ex]
21. U. Heinz, R. Snellings, Collective flow and viscosity in relativistic

heavy-ion collisions. Annu. Rev. Nucl. Part. Sci. 63, 123 (2013).
arXiv:1301.2826 [nucl-th]

22. ATLAS Collaboration, Measurement of multi-particle azimuthal
correlations in pp, p + Pb and low-multiplicity Pb + Pb colli-
sions with the ATLAS detector. Eur. Phys. J. C 77, 428 (2017).
arXiv:1705.04176 [hep-ex]

23. ALICE Collaboration, Multiplicity dependence of pion, kaon, pro-
ton and lambda production in p–Pb collisions at

√
sNN = 5.02 TeV.

Phys. Lett. B 728, 25 (2014). arXiv:1307.6796 [nucl-th]
24. ALICE Collaboration, Transverse momentum spectra and nuclear

modification factors of charged particles in pp, p-Pb and Pb-Pb
collisions at the LHC. JHEP 11, 013 (2018). arXiv:1802.09145
[nucl-ex]

25. P. Bozek, Transverse-momentum-flow correlations in relativis-
tic heavy-ion collisions. Phys. Rev. C 93, 044908 (2016).
arXiv:1601.04513 [nucl-th]

26. J. Jia, M. Zhou, A. Trzupek, Revealing long-range multiparticle col-
lectivity in small collision systems via subevent cumulants. Phys.
Rev. C 96, 034906 (2017). arXiv:1701.03830 [nucl-ex]

27. ATLAS Collaboration, Measurement of flow harmonics with multi-
particle cumulants in Pb+Pb collisions at

√
sNN = 2.76 TeV

with the ATLAS detector. Eur. Phys. J. C 74, 3157 (2014).
arXiv:1408.4342 [hep-ex]

28. STAR Collaboration, Incident energy dependence of pt correla-
tions at relativistic energies. Phys. Rev. C 72, 044902 (2005).
arXiv:nucl-ex/0504031 [nucl-ex]

29. ALICE Collaboration, Event-by-event mean pT fluctuations in pp
and Pb–Pb collisions at the LHC. Eur. Phys. J. C 74, 3077 (2014).
arXiv:1407.5530 [nucl-ex]

30. ATLAS Collaboration, The ATLAS experiment at the CERN large
hadron collider. JINST 3, S08003 (2008)

31. ATLAS Collaboration, ATLAS Insertable B-Layer Technical
Design Report, ATLAS-TDR-19, 2010. https://cds.cern.ch/record/
1291633 (Addendum: ATLAS-TDR-19-ADD-1, 2012, https://cds.
cern.ch/record/1451888)

32. B. Abbott et al., Production and integration of the ATLAS
Insertable B-Layer. JINST 13, T05008 (2018). arXiv:1803.00844
[physics.ins-det]

33. ATLAS Collaboration, Performance of the ATLAS Trigger System
in 2010. Eur. Phys. J. C 72, 1849 (2012). arXiv:1110.1530 [hep-ex]

34. ATLAS Collaboration, Performance of the ATLAS trigger system
in 2015. Eur. Phys. J. C 77, 317 (2017). arXiv:1611.09661 [hep-ex]

35. ATLAS Collaboration, Fluctuations of anisotropic flow in Pb+Pb
collisions at

√
sNN = 5.02 TeV with the ATLAS detector (2019).

arXiv:1904.04808 [nucl-ex]
36. ATLAS Collaboration, Measurement of long-range pseudorapid-

ity correlations and azimuthal harmonics in
√
sNN = 5.02 TeV

proton–lead collisions with the ATLAS detector. Phys. Rev. C 90,
044906 (2014). arXiv:1409.1792 [hep-ex]

37. P. Bozek, W. Broniowski, M. Rybczynski, Wounded quarks in A+
A, p + A, and p + p collisions. Phys. Rev. C 94, 014902 (2016).
arXiv:1604.07697 [nucl-th]

38. B. Alver, M. Baker, C. Loizides, P. Steinberg, The PHOBOS
Glauber Monte Carlo (2008). arXiv:0805.4411v1

39. X.-N. Wang, M. Gyulassy, Hijing: a Monte Carlo model for mul-
tiple jet production in pp, pA, and AA collisions. Phys. Rev. D 44,
3501 (1991)

123

http://arxiv.org/abs/nucl-ex/0410022
http://arxiv.org/abs/nucl-ex/0501009
http://arxiv.org/abs/nucl-ex/0410020
http://arxiv.org/abs/nucl-ex/0410003
http://arxiv.org/abs/1011.3914
http://arxiv.org/abs/1108.6018
http://arxiv.org/abs/1203.3087
http://arxiv.org/abs/1204.1409
http://arxiv.org/abs/1705.02646
http://arxiv.org/abs/1808.03951
http://arxiv.org/abs/1502.01675
http://arxiv.org/abs/1208.1200
http://arxiv.org/abs/1504.01289
http://arxiv.org/abs/1010.1876
http://arxiv.org/abs/1411.5160
http://arxiv.org/abs/1305.2942
http://arxiv.org/abs/1804.10024
http://arxiv.org/abs/1002.0534
http://arxiv.org/abs/1208.4563
http://arxiv.org/abs/1507.06194
http://arxiv.org/abs/1301.2826
http://arxiv.org/abs/1705.04176
http://arxiv.org/abs/1307.6796
http://arxiv.org/abs/1802.09145
http://arxiv.org/abs/1601.04513
http://arxiv.org/abs/1701.03830
http://arxiv.org/abs/1408.4342
http://arxiv.org/abs/nucl-ex/0504031
http://arxiv.org/abs/1407.5530
https://cds.cern.ch/record/1291633
https://cds.cern.ch/record/1291633
https://cds.cern.ch/record/1451888
https://cds.cern.ch/record/1451888
http://arxiv.org/abs/1803.00844
http://arxiv.org/abs/1110.1530
http://arxiv.org/abs/1611.09661
http://arxiv.org/abs/1904.04808
http://arxiv.org/abs/1409.1792
http://arxiv.org/abs/1604.07697
http://arxiv.org/abs/0805.4411v1


  985 Page 16 of 29 Eur. Phys. J. C           (2019) 79:985 

40. J. Jia, S. Mohapatra, Disentangling flow and nonflow correlations
via Bayesian unfolding of the event-by-event distributions of har-
monic coefficients in ultrarelativistic heavy-ion collisions. Phys.
Rev. C 88, 014907 (2013). arXiv:1304.1471 [nucl-ex]

41. S. Agostinelli et al., Geant4—a simulation toolkit. Nucl. Instrum.
Methods A 506, 250 (2003)

42. ATLAS Collaboration, The ATLAS simulation infrastructure. Eur.
Phys. J. C 70, 823 (2010). arXiv:1005.4568 [physics.ins-det]

43. ATLAS Collaboration, Study of the material of the ATLAS inner
detector for Run 2 of the LHC. JINST 12, P12009 (2017).
arXiv:1707.02826 [hep-ex]

44. ATLAS Collaboration, Charged-particle distributions in
√
s =

13 TeV pp interactions measured with the ATLAS detector at the
LHC. Phys. Lett. B 758, 67 (2016). arXiv:1602.01633 [hep-ex]

45. ATLAS Collaboration, Measurement of long-range multiparti-
cle azimuthal correlations with the subevent cumulant method

in pp and p + Pb collisions with the ATLAS detector at the
CERN Large Hadron Collider. Phys. Rev. C 97, 024904 (2018).
arXiv:1708.03559 [hep-ex]

46. S. Voloshin, A.M. Poskanzer, R. Snellings, Collective phenomena
in non-central nuclear collisions (2008). arXiv:0809.2949 [nucl-
ex]

47. A. Mazeliauskas, D. Teaney, Fluctuations of harmonic and radial
flow in heavy ion collisions with principal components. Phys. Rev.
C 93, 024913 (2016). arXiv:1509.07492 [nucl-th]

48. C. Loizides, Glauber modeling of high-energy nuclear colli-
sions at the subnucleon level. Phys. Rev. C 94, 024914 (2016).
arXiv:1603.07375 [nucl-ex]

49. ATLAS Collaboration, ATLAS Computing Acknowledgements,
ATL-GEN-PUB-2016-002. https://cds.cern.ch/record/2202407

ATLAS Collaboration

G. Aad101, B. Abbott128, D. C. Abbott102, A. Abed Abud70a,70b, K. Abeling53, D. K. Abhayasinghe93, S. H. Abidi167,
O. S. AbouZeid40, N. L. Abraham156, H. Abramowicz161, H. Abreu160, Y. Abulaiti6, B. S. Acharya66a,66b,o, B. Achkar53,
S. Adachi163, L. Adam99, C. Adam Bourdarios5, L. Adamczyk83a, L. Adamek167, J. Adelman121, M. Adersberger114,
A. Adiguzel12c,ak, S. Adorni54, T. Adye144, A. A. Affolder146, Y. Afik160, C. Agapopoulou132, M. N. Agaras38,
A. Aggarwal119, C. Agheorghiesei27c, J. A. Aguilar-Saavedra140a,140f,aj, F. Ahmadov79, W. S. Ahmed103, X. Ai18,
G. Aielli73a,73b, S. Akatsuka85, T. P. A. Åkesson96, E. Akilli54, A. V. Akimov110, K. Al Khoury132, G. L. Alberghi23a,23b,
J. Albert176, M. J. Alconada Verzini161, S. Alderweireldt36, M. Aleksa36, I. N. Aleksandrov79, C. Alexa27b,
D. Alexandre19, T. Alexopoulos10, A. Alfonsi120, F. Alfonsi23a,23b, M. Alhroob128, B. Ali142, G. Alimonti68a, J. Alison37,
S. P. Alkire148, C. Allaire132, B. M. M. Allbrooke156, B. W. Allen131, P. P. Allport21, A. Aloisio69a,69b, A. Alonso40,
F. Alonso88, C. Alpigiani148, A. A. Alshehri57, M. Alvarez Estevez98, D. Álvarez Piqueras174, M. G. Alviggi69a,69b,
Y. Amaral Coutinho80b, A. Ambler103, L. Ambroz135, C. Amelung26, D. Amidei105, S. P. Amor Dos Santos140a,
S. Amoroso46, C. S. Amrouche54, F. An78, C. Anastopoulos149, N. Andari145, T. Andeen11, C. F. Anders61b, J. K. Anders20,
A. Andreazza68a,68b, V. Andrei61a, C. R. Anelli176, S. Angelidakis38, A. Angerami39, A. V. Anisenkov122a,122b,
A. Annovi71a, C. Antel61a, M. T. Anthony149, M. Antonelli51, D. J. A. Antrim171, F. Anulli72a, M. Aoki81,
J. A. Aparisi Pozo174, L. Aperio Bella15a, G. Arabidze106, J. P. Araque140a, V. Araujo Ferraz80b, R. Araujo Pereira80b,
C. Arcangeletti51, A. T. H. Arce49, F. A. Arduh88, J.-F. Arguin109, S. Argyropoulos77, J.-H. Arling46, A. J. Armbruster36,
A. Armstrong171, O. Arnaez167, H. Arnold120, A. Artamonov111,*, G. Artoni135, S. Artz99, S. Asai163, N. Asbah59,
E. M. Asimakopoulou172, L. Asquith156, J. Assahsah35d, K. Assamagan29, R. Astalos28a, R. J. Atkin33a, M. Atkinson173,
N. B. Atlay19, H. Atmani132, K. Augsten142, G. Avolio36, R. Avramidou60a, M. K. Ayoub15a, A. M. Azoulay168b,
G. Azuelos109,az, H. Bachacou145, K. Bachas67a,67b, M. Backes135, F. Backman45a,45b, P. Bagnaia72a,72b, M. Bahmani84,
H. Bahrasemani152, A. J. Bailey174, V. R. Bailey173, J. T. Baines144, M. Bajic40, C. Bakalis10, O. K. Baker183,
P. J. Bakker120, D. Bakshi Gupta8, S. Balaji157, E. M. Baldin122a,122b, P. Balek180, F. Balli145, W. K. Balunas135, J. Balz99,
E. Banas84, A. Bandyopadhyay24, Sw. Banerjee181,j, A. A. E. Bannoura182, L. Barak161, W. M. Barbe38, E. L. Barberio104,
D. Barberis55a,55b, M. Barbero101, G. Barbour94, T. Barillari115, M.-S. Barisits36, J. Barkeloo131, T. Barklow153,
R. Barnea160, S. L. Barnes60c, B. M. Barnett144, R. M. Barnett18, Z. Barnovska-Blenessy60a, A. Baroncelli60a,
G. Barone29, A. J. Barr135, L. Barranco Navarro45a,45b, F. Barreiro98, J. Barreiro Guimarães da Costa15a, S. Barsov138,
R. Bartoldus153, G. Bartolini101, A. E. Barton89, P. Bartos28a, A. Basalaev46, A. Bassalat132,as, M. J. Basso167,
R. L. Bates57, S. Batlamous35e, J. R. Batley32, B. Batool151, M. Battaglia146, M. Bauce72a,72b, F. Bauer145, K. T. Bauer171,
H. S. Bawa31,m, J. B. Beacham49, T. Beau136, P. H. Beauchemin170, F. Becherer52, P. Bechtle24, H. C. Beck53,
H. P. Beck20,s, K. Becker52, M. Becker99, C. Becot46, A. Beddall12d, A. J. Beddall12a, V. A. Bednyakov79, M. Bedognetti120,
C. P. Bee155, T. A. Beermann76, M. Begalli80b, M. Begel29, A. Behera155, J. K. Behr46, F. Beisiegel24, A. S. Bell94,
G. Bella161, L. Bellagamba23b, A. Bellerive34, P. Bellos9, K. Beloborodov122a,122b, K. Belotskiy112, N. L. Belyaev112,
D. Benchekroun35a, N. Benekos10, Y. Benhammou161, D. P. Benjamin6, M. Benoit54, J. R. Bensinger26, S. Bentvelsen120,
L. Beresford135, M. Beretta51, D. Berge46, E. Bergeaas Kuutmann172, N. Berger5, B. Bergmann142, L. J. Bergsten26,
J. Beringer18, S. Berlendis7, N. R. Bernard102, G. Bernardi136, C. Bernius153, T. Berry93, P. Berta99, C. Bertella15a,
I. A. Bertram89, O. Bessidskaia Bylund182, N. Besson145, A. Bethani100, S. Bethke115, A. Betti24, A. J. Bevan92, J. Beyer115,

123

http://arxiv.org/abs/1304.1471
http://arxiv.org/abs/1005.4568
http://arxiv.org/abs/1707.02826
http://arxiv.org/abs/1602.01633
http://arxiv.org/abs/1708.03559
http://arxiv.org/abs/0809.2949
http://arxiv.org/abs/1509.07492
http://arxiv.org/abs/1603.07375
https://cds.cern.ch/record/2202407


Eur. Phys. J. C           (2019) 79:985 Page 17 of 29   985 

D. S. Bhattacharya177, R. Bi139, R. M. Bianchi139, O. Biebel114, D. Biedermann19, R. Bielski36, K. Bierwagen99,
N. V. Biesuz71a,71b, M. Biglietti74a, T. R. V. Billoud109, M. Bindi53, A. Bingul12d, C. Bini72a,72b, S. Biondi23a,23b,
M. Birman180, T. Bisanz53, J. P. Biswal161, D. Biswas181,j, A. Bitadze100, C. Bittrich48, K. Bjørke134, K. M. Black25,
T. Blazek28a, I. Bloch46, C. Blocker26, A. Blue57, U. Blumenschein92, G. J. Bobbink120, V. S. Bobrovnikov122a,122b,
S. S. Bocchetta96, A. Bocci49, D. Boerner46, D. Bogavac14, A. G. Bogdanchikov122a,122b, C. Bohm45a, V. Boisvert93,
P. Bokan53,172, T. Bold83a, A. S. Boldyrev113, A. E. Bolz61b, M. Bomben136, M. Bona92, J. S. Bonilla131, M. Boonekamp145,
H. M. Borecka-Bielska90, A. Borisov123, G. Borissov89, J. Bortfeldt36, D. Bortoletto135, D. Boscherini23b, M. Bosman14,
J. D. Bossio Sola103, K. Bouaouda35a, J. Boudreau139, E. V. Bouhova-Thacker89, D. Boumediene38, S. K. Boutle57,
A. Boveia126, J. Boyd36, D. Boye33b,at, I. R. Boyko79, A. J. Bozson93, J. Bracinik21, N. Brahimi101, G. Brandt182,
O. Brandt32, F. Braren46, B. Brau102, J. E. Brau131, W. D. Breaden Madden57, K. Brendlinger46, L. Brenner46,
R. Brenner172, S. Bressler180, B. Brickwedde99, D. L. Briglin21, D. Britton57, D. Britzger115, I. Brock24, R. Brock106,
G. Brooijmans39, W. K. Brooks147b, E. Brost121, J. H. Broughton21, P. A. Bruckman de Renstrom84, D. Bruncko28b,
A. Bruni23b, G. Bruni23b, L. S. Bruni120, S. Bruno73a,73b, B. H. Brunt32, M. Bruschi23b, N. Bruscino139, P. Bryant37,
L. Bryngemark96, T. Buanes17, Q. Buat36, P. Buchholz151, A. G. Buckley57, I. A. Budagov79, M. K. Bugge134,
F. Bührer52, O. Bulekov112, T. J. Burch121, S. Burdin90, C. D. Burgard120, A. M. Burger129, B. Burghgrave8, K. Burka83a,
J. T. P. Burr46, C. D. Burton11, J. C. Burzynski102, V. Büscher99, E. Buschmann53, P. J. Bussey57, J. M. Butler25,
C. M. Buttar57, J. M. Butterworth94, P. Butti36, W. Buttinger36, A. Buzatu158, A. R. Buzykaev122a,122b, G. Cabras23a,23b,
S. Cabrera Urbán174, D. Caforio56, H. Cai173, V. M. M. Cairo153, O. Cakir4a, N. Calace36, P. Calafiura18, A. Calandri101,
G. Calderini136, P. Calfayan65, G. Callea57, L. P. Caloba80b, S. Calvente Lopez98, D. Calvet38, S. Calvet38, T. P. Calvet155,
M. Calvetti71a,71b, R. Camacho Toro136, S. Camarda36, D. Camarero Munoz98, P. Camarri73a,73b, D. Cameron134,
R. Caminal Armadans102, C. Camincher36, S. Campana36, M. Campanelli94, A. Camplani40, A. Campoverde151,
V. Canale69a,69b, A. Canesse103, M. Cano Bret60c, J. Cantero129, T. Cao161, Y. Cao173, M. D. M. Capeans Garrido36,
M. Capua41a,41b, R. Cardarelli73a, F. Cardillo149, G. Carducci41a,41b, I. Carli143, T. Carli36, G. Carlino69a, B. T. Carlson139,
L. Carminati68a,68b, R. M. D. Carney45a,45b, S. Caron119, E. Carquin147b, S. Carrá46, J. W. S. Carter167, M. P. Casado14,e,
A. F. Casha167, D. W. Casper171, R. Castelijn120, F. L. Castillo174, V. Castillo Gimenez174, N. F. Castro140a,140e,
A. Catinaccio36, J. R. Catmore134, A. Cattai36, J. Caudron24, V. Cavaliere29, E. Cavallaro14, M. Cavalli-Sforza14,
V. Cavasinni71a,71b, E. Celebi12b, F. Ceradini74a,74b, L. Cerda Alberich174, K. Cerny130, A. S. Cerqueira80a, A. Cerri156,
L. Cerrito73a,73b, F. Cerutti18, A. Cervelli23a,23b, S. A. Cetin12b, Z. Chadi35a, D. Chakraborty121, S. K. Chan59,
W. S. Chan120, W. Y. Chan90, J. D. Chapman32, B. Chargeishvili159b, D. G. Charlton21, T. P. Charman92, C. C. Chau34,
S. Che126, S. Chekanov6, S. V. Chekulaev168a, G. A. Chelkov79,ay, M. A. Chelstowska36, B. Chen78, C. Chen60a,
C. H. Chen78, H. Chen29, J. Chen60a, J. Chen39, S. Chen137, S. J. Chen15c, X. Chen15b,ax, Y. Chen82, Y.-H. Chen46,
H. C. Cheng63a, H. J. Cheng15a,15d, A. Cheplakov79, E. Cheremushkina123, R. Cherkaoui El Moursli35e, E. Cheu7,
K. Cheung64, T. J. A. Chevalérias145, L. Chevalier145, V. Chiarella51, G. Chiarelli71a, G. Chiodini67a, A. S. Chisholm21,
A. Chitan27b, I. Chiu163, Y. H. Chiu176, M. V. Chizhov79, K. Choi65, A. R. Chomont72a,72b, S. Chouridou162,
Y. S. Chow120, M. C. Chu63a, X. Chu15a, J. Chudoba141, A. J. Chuinard103, J. J. Chwastowski84, L. Chytka130,
D. Cieri115, K. M. Ciesla84, D. Cinca47, V. Cindro91, I. A. Cioară27b, A. Ciocio18, F. Cirotto69a,69b, Z. H. Citron180,k,
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